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Vorwort

Das logische Tetralemma ist bekanntlich eine 4-stellige Relation zwischen A,
nicht-A, sowohl A als auch nicht-A und weder A noch nicht-A, d.h. es umfaRt die
Kategorien der Position, Opposition, Akzeption und Rejektion. Das Tetralemma
enthalt somit auch den sog. dialektischen Dreischritt, auf dessen Relevanz fiir die
Semiotik Max Bense bereits 1975 in seinem Buch «Semiotische Prozesse und
Systeme» aufmerksam gemacht hatte, als er die Akzeption als «Thesen-Reper-
toire» definierte und zum Schlull kam, «dafl} es sich bei einem dialektischen
Dreischritt nicht um ein logisches Folgerungsschema, sondern um ein semioti-
sches Darstellungsschema handelt». Allerdings blieb die Rejektion in der
Semiotik weiterhin undefiniert. Das dnderte sich erst mit dem Ubergang von der
monokontexturalen zur polykontexturalen Semiotik, die lange nach Benses Tod
mit Rudolf Kaehrs «The Book of Diamonds» (2008) einsetzte. Der diamond oder
Diamant ist ein kontexturiertes Tetralemma, das in Sonderheit in der Semiotik
zu bahnbrechenden Entdeckungen gefiihrt hat, denen Kaehr ein eigenes Buch
gewidmet hatte. Ab 2008 kam es dann auch zu enger Zusammenarbeit zwischen
Kaehrs «ThinkArtLab» in Glasgow (UK) und meinem «SemTechLab» in Tucson,
AZ (USA). Im vorliegenden Buch werden die zentralen, auf die Diamantentheorie
beschrankten Beitrdage zu einer polykontexturalen Semiotik in chronologischer
Anordnung prasentiert.

Tucson, AZ, 6.4.2020 Prof. Dr. Alfred Toth






Semiotische Diamanten

1. Einfiihrung

Die bedeutendste Neuerung innerhalb der von Gotthard Giinther begriindeten Polykontex-
turalititstheorie stellt ohne Zweifel das erst kiirzlich von Rudolf Kaehr gefundene Diamanten-
Modell der Komposition kategorietheoretischer Morphismen dar, denn dieses erlaubt im
Gegensatz zur herkémmlichen Kategorietheorie die Einfihrung einer retrograden Abbildung
zwischen Objekten und Kategorien, von Rudolf Kaehr “Hetereo-Morphismen” genannt: “Finally,
after 30 years of proemializing and chiastifying formal languages, the diamond of composition is
introduced, which is accepting the rejectional aspect of chiastic compositions, too. It seems that
the diamond concept of composition is building a complete holistic unit. With its radical closeness
it is opening up unlimited, linear and tabular, repeatability and deployment” (Kaehr 2007, S. 43).

Im vorliegenden Aufsatz werde ich zeigen, dass es auch semiotische Diamanten gibt; eine Tatsache,
welche die theoretische Semiotik einmal mehr in die Néihe der Polykontexturalititstheorie riickt.
Da die Finfithrung semiotischer Diamanten jedoch eine semiotische Operation voraussetzt, welche
bisher noch nicht definiert wurde (vgl. Toth 2007, S. 31 ff.), werden semiotische Diamanten hier
Schritt fur Schritt, ausgehend von den verschiedenen méglichen Zeichenmodellen, eingefiihrt.

2. Graphentheoretische Zeichenmodelle

Zeichenklassen werden normalerweise in der abstrakten Form (3.a 2.b 1.c) mit a, b, ¢ € {1, 2, 3}
und a < b £ d definiert:

. I>0—->M)
Beispiel: Zeichenklassen, degenerativer Graph (Bense 1971, S. 37)

Dass diese Anordnung nicht die einzige ist, zeigen die folgenden Fille:

2 M—>0—=1]
Beispiel: Realititsthematiken, generativer Graph (Bense 1971, S. 37)

3. I->M—->O0O)
Beispiel: thetischer Graph (Bense 1971, S. 37)

4. O->M->)
Beispiel: kommunikativer Graph (Bense 1971, S. 40 £.)

5. I —>M—->0O)
M—->1—-0)
Beispiel: kreativer Graph (Bense 1971, S. 102)

6. O—=>I1I->M)
Beispiel: ? (bisher kein Fall bekannt)



3. Die 10 Zeichenklassen gemiss den 6 graphentheoretischen Zeichenmodellen
Im folgenden ordnen wir die 10 Zeichenklassen, die bekanntlich durch die Prinzipien der

Triadizitdit und der semiotischen Inklusion beschrinkt sind (vgl. Toth 2008a), gemiss den
kombinatorisch moglichen graphentheoretischen Zeichenmodellen:

3. I—->0->M)

(3.1211.0) (3.1231.3)
(3.1211.2) (322212
(3.12.11.3) (322213
(3.1221.2) (322313
(3.1221.3) (332313
32.M—>0-1I)

(1.12.13.1) (1.32.33.1)
(1.22.13.1) (1.2223.2)
(1.32.13.1) (1.3223.2)
(1.2223.1) (1.32.33.2)
(1.3223.1) (1.32.3 3.3)
33.M—=>1I->0)

(1.13.12.1) (1.33.1 2.3)
(1.23.12.1) (1.23.222)
(1.33.12.1) (1.33.22.2)
(1.23.12.2) (1.33.22.3)
(1.33.1 2.2) (1.33.3 2.3)
34.(0->M->I)

(2.11.13.1) (231.33.1)
(2.11.23.1) (221232
(2.11.33.0) (221332
(221.23.0) (231.33.2)
(221.33.0) (231.33.3)
35. 0->1->M)

(2.13.11.1) (233.11.3)
(2.13.11.2) (223212
(2.13.1 1.3) (223213
(223.11.2) (233213
(2.23.11.3) (233313
36.I—>M—>0)

(3.11.1210) (3.11.323)
(3.11.22.1) (321222
(3.11.321) (321322



(3.11.222) (3.21.32.3)
(3.11.322) (3.31.32.3)

4. Transformationsoperationen zwischen den 6 Zeichenschemata

Es ist klar, dass die 6 Zeichenschemata durch Transformationen ineinander Uberfihrt werden
koénnen. Wir schauen sie uns hier genauer an.

4.1. (IOM) —> (MOI)

Detfinition: (3.1211.3)— (1.32.13.1):= INV
(3.1211.3)—> (3.11.21.3)= DUAL

Es gibt also zwei Moglichkeiten der Umkehrung: Wir bezeichnen reine Umkehrung der

Reihenfolge der Subzeichen durch den Operator INV und Umkehrung sowohl der Reihenfolge
der Subzeichen als auch der Primzeichen durch den Operator DUAL,; dieser ist natiirlich mit dem

von Max Bense eingefithrten Operator “x” der Dualisation identisch (vgl. Walther 1979, S. 106
ff.).

Im folgenden miissen wir zusitzlich die 15 méglichen Uberginge zwischen den 6 Zeichenschemata
speziell definieren, und zwar am besten so, dass wir mit einem einzigen Operator auch INV und
DUAL definieren kénnen. Dies geschieht am besten mit einem Transpositions-Operator. Da eine

vollstindige Transposition eine Permutation ist, lassen sich auch die Operationen INV und DUAL
durch einen einfachen Operator mit Indizes erfassen:

Definition: Tie= Transposition von w; und wi, wobeii = k = {1, 2, 3} gemaiss den 3 Subzeichen
pro Zeichenschema

Definition:  T;3(3.1 2.1 1.3) = (1.3 2.1 3.1) = INV

Der Transpositionsoperator vertauscht hier also zuerst das erste mit dem dritten und hernach das
zweite mit dem dritten Subzeichen; er arbeitet also sukzessiv.

Fir die Dualisation muss der Transpositionsoperator jedoch auf den Primzeichen neu definiert
werden, d.h. seine Indexmengen reichen von 1 bis 6. Zur Vermeidung von Verwechslung
verwenden wir hier a, b, ¢, ..., f:

Definition:  Tugpeea(3.1 2.1 1.3) > (3.1 1.2 1.3) = DUAL
4.2. (IOM) - (MIO)

Definition:  Tis:(3.1 2.1 1.3) = (1.3 3.1 2.1)

4.3. (IOM) — (OMI)

Definition: ~ Tiz0:(3.1 2.1 1.3) = (2.1 1.3 3.1)

4.4. (IOM) - (OIM)

Definition:  Ti(3.12.11.3) = (2.1 3.1 1.3)



4.5. (IOM) — (IMO)
Definition: ~ T3(3.12.1 1.3) = (3.1 1.3 2.1)
4.6. (MOI) - (MIO)

Definition: ~ T3(1.3 2.1 3.1) = (1.3 3.1 2.1)
4.7. (MOT) — (OMI)

Definition:  Tio(1.3 2.1 3.1) = (2.1 1.3 3.1)
4.8. (MOI) - (OIM)

Definition:  Tis15(1.3 2.1 3.1) = (2.1 3.1 1.3)
4.9. (MOI) - (IMO)

Definition:  Tiz5(1.3 2.1 3.1) = (3.1 1.3 2.1)
4.10. (MIO) —> (OMI)

Definition:  Tis25(1.3 3.1 2.1) = (2.1 1.3 3.1)
4.11. (MIO) — (OIM)

Definition:  Ty5(1.3 3.1 2.1) = (2.1 3.1 1.3)
4.12. (MIO) - (IMO)

Definition:  Tio(1.3 3.1 2.1) = (3.1 1.3 2.1)
4.13. (OMI) —> (OIM)

Definition:  T»s(2.1 1.3 3.1) = (2.1 3.1 1.3)
4.14. (OMI) - (IMO)

Definition:  Ty52.1 1.3 3.1) = (3.1 1.3 2.1)
4.15. (OIM) —> (IMO)

Definition:  Ti312(2.1 3.1 1.3) - (3.1 1.3 2.1)
5. Transpositionen und Dualisationen bei den 6 Zeichenschemata

Wir stellen nun alle méglichen Transpositionen und Dualisationen der Ausgangszeichenklasse (3.1
2.1 1.3) dar und bestimmen die Strukturtypen:



Zeichenklasse

(3.12.11.3)

Transpositionen

(1.32.13.1)
(1.33.12.1)
2.11.33.1)
2.13.11.3)
(3.1132.1)
(1.33.12.1)
2.11.33.1)
2.13.11.3)
(3.1132.1)
2.11.33.1)
2.13.11.3)
(3.1132.1)
2.13.11.3)
(3.11.32.1)
(3.11.32.1)

Dualisationen

(3.11.21.3)
(1.31.23.1)
(12133.1)
(133.11.2)
(3.11.31.2)
(1.23.11.3)
(12133.1)
(133.112)
(3.11.31.2)
(1.23.11.3)
(133.112)
(3.1131.2)
(1.23.11.3)
(3.11.31.2)
(123.11.3)
(123.11.3)

Strukturtypen

1
1I
111
v
v
VI
111
v
v
VI
v
v
VI
NG
VI
VI

Wie man sieht, gibt es also nur 6 Strukturtypen und ihre Dualisate. Zu jeder Zeichenklasse (a.b c.d

e.f) mit a, b, ¢, d, e, f € {1, 2, 3} haben wir also die folgenden 12 Strukturschemata (links
Transpositionen, rechts deren Dualisationen) gefunden:

1. (abcdef) x (fed.cb.a)
2. (abefcd) x (dcfeb.a)
3.(cdefab) x (bafedc
4. (cdabef) x (feb.adc)
5.(efcdab) x (badcfe)
6.(efabecd) x (dcb.afe)

Wir kénnen also nun fir (a.b c.d e.f) jede der 10 Zeichenklassen einsetzen und erhalten mit den
zugehorigen Transpositionen und Dualisationen erstmals den ganzen der im semiotischen
Zehnersystem eingeschlossenen Strukturreichtum, der von den Zeichenklassen bzw. den dualen
Realititsthematiken aus allein nicht erreichbar ist.

6. Das semiotische Diamanten-Modell

Das mathematische Diamantenmodell, das Kaehr (2007) eingefiihrt hatte, sicht wie folgt aus:

ol e d 01 O Ol2 4 02
f g
(05} - (%}




Das Besondere hier ist die Abbildung I: w4 <— a4, die Kaehr als “saltisition” oder “jump operation”
bestimmt: “Within Diamond theory, for the very first time, additional to category theory and in an
interplay with it, the gaps and jumps involved are complementary to the connectedness of
compositions. The counter-movements of compositions are generating jumps”. Der Ubergang von
o4 — o4 wird von Kaehr auch als “bridge”, der Morphismus der Abbildung als “Hetero-
Morphismus” bezeichnet (2007a, S. 12). Logisch entspricht die Abbildung a3 — ®3 der Akzeptanz
und kybernetisch dem “System”, und w4 <— a4 entspricht logisch der Rejektion und kybernetisch
der “Umgebung” (Kaehr 2007, S. 54).

Wenn wir nun unsere Zeichenklasse (3.1 2.1 1.3) in der Form eines semiotischen Diamanten
schreiben, erkennen wir, dass die semiotische Rejektion dieser Zeichenklasse mit ihrer Inversion
(INV(ZK])) tbereinstimmt. (1.3 2.1 3.1) ist damit kybernetisch interpretiert die semiotische
Umgebung des semiotischen Systems (3.1 2.1 1.3).!

6.1. Semiotischer Diamant fiir (3.1 2.1 1.3):

(1.32.13.1)
[[o, BT, [B, id1]]
/ -
[B°, id1] [a®, Ba
31 — 2h)o@l — 13

N /

[[B®, id1], [at, Bod]]
%
(3.12.11.3)

Die semiotische Rejektionsfunktion ist nun aber keineswegs auf den Strukturtyp (e.f c.d a.b) wie
im obigen semiotischen Diamanten beschrinkt. Semiotische Inversion (INV) ist allgemein durch
folgende zwei Anweisungsschritte erreichbar:

1. Kehre die Reihenfolge der konstituierenden Subzeichen einer Zeichenklasse (oder einer ihrer
Transpositionen bzw. Dualisationen) um.

2. Vertausche alle semiotischen Morphismen mit ihren Inversen (wobei natiirlich z.B. a°® = a,
B°° = B und per definitionem (vgl. Toth 1993, S. 21 ff.) (Ba)° = a°B° und (a°B°)° = Pa gilt.

Mit anderen Worten bedeutet das, dass wir semiotische Diamanten fiir alle 12 Strukturtypen (und
nattrlich fir simtliche 10 Zeichenklassen und auch fir die Genuine Kategorienklasse) angeben
konnen. Wir beschrinken uns im folgenden darauf, die semiotischen Diamanten fir die 6 Typen
von Transpositionen plus fiir die Dualisation der Ausgangs-Zeichenklasse (3.1 2.1 1.3) anzugeben.

! Dass mit dem semiotischen Diamanten-Modell erstmals seit Ditterich (1990, S. 54) operable und mit der Kybernetik
kompatible Definitionen des semiotischen “Systems” und der semiotischen “Umgebung” erreicht sind, sei hier
vorldufig bloss angedeutet.
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6.2. Semiotischer Diamant fiir (3.1 1.2 1.3):

(13123.1)
[[id1, B°], [Bar, o]
/ - \
[a°B°, a lid1, B]
31 — 12012 — 13

AN /

[[o®B®, @], [id1, B]
%
(3.1121.3)

6.3. Semiotischer Diamant fiir (1.3 2.1 3.1):

(3.1 2.1 1.3)
[[B®, id1], [a°, Ba]
[o, a®B°] B, id1]

13 —  2ho@l — 3.1

N /

[[o, a®B], [B, id1]]
%
(1.32.13.1)

6.4. Semiotischer Diamant fiir (1.3 3.1 2.1):

(2.1 3.1 1.3)
(o, 0c°[3 [B, id1]]
[Bo, o°B°] [B°, id1]

13 — 31)oBl1 - 21

N /

[[B®, id1], [a®, Pa]
%
(1.33.12.1)




6.5. Semiotischer Diamant fiir (2.1 1.3 3.1):

(3.11.32.1)
[[o°B®, Bal, [a, a°BeT]
/ <_\
[a®, Bo [Ba, a°B°]
21 > 13013 — 3.1

AN /

[[o®, Bed], [Bor, a®B]
%
2.11.33.1)

6.6. Semiotischer Diamant fiir (2.1 3.1 1.3):

(1.33.12.1)
[[Ba, a°B°], [B°, id1]]

N

B, id1] [a°B°, Ba]
21 - 31)0(31 > 13

N /

(B, id1], [°B®, Bal]
%
2.13.11.3)

6.7. Semiotischer Diamant fiir (3.1 1.3 2.1):

(2.1133.1)
°, B, [Ba, a®B]

/ N

[0°B°, Ba a’B]
B1 > 13013 — 21

N /

[[o°B®, Bal, [a, a°B°T]
%
(3.1132.1)

Nun schauen wir uns den semiotischen Diamanten fiir die dual-identische Zeichenklasse (3.1 2.2
1.3) an:

12



6.8. Semiotischer Diamant fiir (3.1 2.2 1.3):

(13223.1)
[fo, BT [B, ]
/ -
[B°, a [a®, B]
31 — 22022 5 13

[1B®, o, [a, BI]
%
(3.1221.3)

Diese Zeichenklasse der “Eigen-Realitit” (vgl. Bense 1992) weist also neben vielen, bereits von
Bense verzeichneten strukturellen Besonderheiten auch den semiotischen Chiasmus auf, der ohne
das semiotische Diamanten-Modell nicht erkennbar ist:

[[ex, B°1, [B, o]

ped

[(B°, al, [, BI]

In den anderen Zeichenklassen ist der semiotische Chiasmus quasi durch die Notation der
komponierten Morphismen “verdeckt”; das allgemeine kategorietheoretische Schema fir
semiotischen Chiasmus lautet:

[[Ve, We, X%, Y°

et

(13X, [V, W

Eine weitere besondere semiotische Klasse ist die “Genuine Kategorienklasse”, auf deren
strukturelle Besonderheiten Bense ebenfalls bereits hingewiesen (Bense 1992, S. 39 £., 43) und die
er als “ergodische Semiose” bezeichnet hatte (Bense 1975, S. 93). Wenn wir uns ihren semiotischen
Diamanten anschauen:

13



6.9. Semiotischer Diamant fiir (3.3 2.2 1.1):

(1.1223.3)
([, o, [B, BI]
/ - \
[B°, o [o®, B

33 — 22022 — 11

AN /

[1B®, B, [or®, o]
%
(3322 1.1)

so sieht hier der semiotische Chiasmus wie folgt aus:

wobei diese semiotische Klasse die einzige ist, in der die Morphismen und Hetero-Morphismen
pro Unterkategorie kategoriell homogen sind; [a°, a°] und [B°, B°] spiegeln hier also die
“Autoreproduktivitit” der identitiven Subzeichen (1.1), (2.2) und (3.3) im Sinne der Genuinen

Kategorienklasse “als normierter Fiihrungssemiose aller Zeichenprozesse tiberhaupt” (Bense 1975,
S. 89).

7. Semiotische Diamanten der Komposition

Man kann Zeichenklassen und Realititsthematiken mit Hilfe der kategorietheoretischen Semiotik
auf zwei Arten analysieren: Entweder man weist sowohl den Objekten — d.h. den Subzeichen — als
auch den Abbildungen, d.h. den Semiosen, semiotische Morphismen zu, oder man beschriankt sich
auf Semiosen, wobei man in diesem Fall sowohl die triadischen wie die trichotomischen
Abbildungen, d.h. die semiosischen Morphismen zwischen den semiotischen Haupt- und
Stellenwerten berticksichtigt.

Fir unsere Zeichenklasse (3.1 2.1 1.3) erhilt man also im ersten Falle:
(3.12.1 1.3) > [a°B°, a®, Ba]

und im zweiten Falle:

(3.12.1 1.3) = [[B°, id1], [a°, Ba]].

Nur die zweite Analysemethode bildet Zeichenklassen bzw. Realititsthematiken eineindeutig auf
semiotische Kategorien ab, denn [a°B°, a°, Pa] liesse sich zB. auch als (3.2 1.1), (1.3)
interpretieren. Die zweite Methode tragt also der Beobachtung Walthers Rechnung, dass triadische
Zeichenrelationen aus der verbandstheoretischen Vereinigung der beiden dyadischen Relationen

14



M = O) und M = I) konstruiert werden kénnen (M = O) (O = 1)) = M = O. O = I), vgl.
Walther (1979, S. 79).

Diese zweite Analysemethode, die wir schon in den vorherigen Kapiteln sowie in fritheren Arbeiten
angewandt haben, entspricht nun umgekehrt exakt der Methode der Komposition semiotischer
Diamanten. Das allgemeine mathematische Schema fiir die Komposition von Morphismen und
Hetero-Morphismen in einem Diamanten lautet nach Kaehr (2007, S. 44):

M4 < 04

/N

W4 € Oy Mg <— Olg
1 k

T~ T T

A —>®W O 02—>®W2 O Os —> s

NSNS

o3 —> M3 O —> W

Mit Hilfe komponierter Diamanten kénnen nun Zusammenhinge von Zeichenklassen (vgl. Toth
2008b) analysiert werden. Voraussetzung ist allerdings, dass je 2 Zeichenklassen bzw.
Realititsthematiken paarweise, d.h. in je 2 Subzeichen, zusammenhingen.”

Als Beispiel wihlen wir unsere Zeichenklasse (3.1 2.1 1.3) und die Zeichenklasse (3.1 2.1 1.2); ihr
verbandstheoretischer Durchschnitt ist (3.1 2.1):

2 Da gemiss dem Prinzip der Trichotomischen Triaden alle 10 Zeichenklassen und Realititsthematiken entweder in
(3.1), in (2.2), in (1.3) oder in zwei von diesen drei Subzeichen miteinander zusammenhingen, muss nach Lésungen
gesucht werden, um verbandstheoretische Durchschnitte von nur einem Subzeichen pro Paar von Zeichenklassen
bzw. Realititsthematiken mit Hilfe von semiotischen Diamanten-Kompositionen darzustellen.

15



7.1.

Komponierter semiotischer Diamant fiir den Zeichenzusammenhang (3.1 2.1 1.2 —

312.11.3)

Literatur

a3213n«—02213n

[[or, o°B°] /[3 id1]] ga B, id1]]

W4 €< Oy (1)8 < O
[[or, a°B°, [B, id1]]
/\

(33-»(23<>@1)—>az)o(1a-»(1$

B°, 1d1 id1, id2] [id1, B]
/ N2

@D%(l QH@%@@
B°] ,a [a®, o] [Ba]

e

@4211@—»@12113
[[B°, id1], [a®, o] [[B°, id1], [a®, Pod]]

o
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Kaehr, Rudolf, Towards Diamonds. Glasgow 2007
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Semiotics, 20082
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Priasemiotische Diamanten

1. Diamanten wurden von Kaehr (2007) in die Polykontexturalititstheorie eingefiihrt: “Diamonds
may be thematized as 2-categories where two mutual antidromic categories are in an interplay”
(Kaehr 2007, S. 20). Ein polykontexturaler Diamant “consists on a simultaneity of a category and
a jumpoid, also called a saltatory. If the category is involving m arrows, its antidromic saltatory is
involving m-1 inverse arrows” (2007, S. 20). Kaehr (2007, S. 2) gibt folgendes Beispiel:

1
04 «<— a4

wl —> wl 0 2 —>2

N7

fg
03 — >3

In der Semiotik hatte ich Diamanten in Toth (2008a) eingefithrt. In Toth (2008b, S. 177 ff. und S.
282 ff.) sowie in einigen Aufsitzen wurde die semiotische Diamantentheorie weiterentwickelt.
Nachdem ich in Toth (2008c, d) und einigen weiteren Arbeiten nachgewiesen hatte, dass der
priasemiotische Raum, der durch die folgenden Funktionswerte innerhalb des semiotischen
Koordinatensystems definiert wird

X

||
y" e - < T T S S|

y || 3002 -1 0 1 2 3

X || 1+ £ £1 1 £l #£1
ein polykontexturaler Raum ist, ist es notig, auf die Konzeption semiotischer Relationen als

Diamanten zuriickzukommen. Ziel der vorliegenden Arbeit ist es, die Grundtypen sowie die
Anzahl prisemiotischer Diamanten zu bestimmen.
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2. Der prisemiotische Raum entspricht also dem grau schraffierten Teilraum des semiotischen

Koordinatensystems:

G
(8]
|
o
(8]
1
—_
(O8]

03 13 23 33

[ ———

________________________

2.1. Wenn wir vom prisemiotischen Raum in seiner obigen, ungedrehten Position ausgehen,

bekommen wir den ersten prasemiotischen Diamanten:

1
(13) <—(1.3)

(-3.0) —> (-1.0) o  (1.-0)—> (3.-0)

fg
(-1.-3) —> (1.-3)

2.2. Wenn wir den prisemiotischen Raum um 90° im Uhrzeigersinn drehen, bekommen wir den

zweiten prasemiotischen Diamanten:

1
(3-1) <—— (3.

f g
(0.-3) ——> (-1.-0) o  (1.0) —> (0.3)

fg
(-3-1) —> (3.1)
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2.3. Wenn wir den prisemiotischen Raum um 180° im Uhrzeigersinn drehen, bekommen wir den
dritten priasemiotischen Diamanten:

1
(1-1) < (-1-0)

(-0)—> (100 o (1.0) —53.0)

fg
(1.3) —> (-1.3)

2.4. Wenn wir den prisemiotischen Raum um 270° im Uhrzeigersinn drehen, bekommen wir den
vierten prisemiotischen Diamanten:

1
(3.1) % (-3.-1)

£ g
03) —>(1.0) o (1-0) —> (0.-3)

fg
(-3.1) —> (-3.-1)

3. Wir erkennen also, das in den obigen vier prisemiotischen Diamanten die mit | bezeichneten
Heteromorphismen die Briicken tiber die semiotischen Morphismen f und g bauen. Diese sind also
nach Kaehrs Unterscheidung von Kategorien als Saltatorien oder Jumpoids aufzufassen, weil sie
nimlich den “Spagat” tber die Kontexturengrenzen bewerkstelligen. Semiotische Spagate sind in
unseren semiotischen Diamanten einfach tberall dort zu finden, wo Morphismen oder
Heteromorphismen Subzeichen miteinander verbinden, die verschiedene Vorzeichen haben und
daher in verschiedenen Kontexturen liegen. Kaehr unterscheidet ferner in einer an Heidegger
angelehnten Terminologien zwischen “Schritt” und “Sprung” (2007, S. 27). Bei prisemiotischen
Diamanten moéchte ich semiotische “Schritte” so definieren, dass sie (semiosische oder
retrosemiosische) Prozesse zwischen Subzeichen der gleichen tetradischen Hauptwerte darstellen.
Semiotische “Spriinge” dagegen sind dann (semiosische oder retrosemiosische) Prozesse zwischen
Subzeichen mit verschiedenen tetradischen Hauptwerten. Im letzten prasemiotischen Diamenten
liegen also Schritte bei dem komponierten Morphismus fg und dem Heteromorphismus 1, Spriinge
dagegen bei den simplizialen Morphismen f und g vor.
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4. Die Unterscheidung von semiotischem Schritt und semiotischem Sprung fiihrt uns nun zu
weiteren als den oben vorgestellten 4 Grundtypen prisemiotischer Diamanten. Wenn wir uns die
beiden Achsen des semiotischen Koordinatensystems anschauen:

R

[
Gs
1
N
G

dann stellen wir fest, dass es auf der Abszisse in dieser ungedrehten Form neben dem in den 4
Haupttypen vorausgesetzten Morphismus

1. (-:3.0) = (-1.0)
noch die folgenden 3 weiteren Morphismen gibt, die ebenfalls semiotische Spriinge sind:

2. (-2.0) > (-1.0)
3. (-3.0) = (-2.0).

Ferner sehen wir, dass der Morphismus Nr. 1 ein aus den Morphismen 2 und 3 komponierter
Morphismus ist:

17 (-3.0) = (-1.0) = ((-3.0) = (-2.0) o (-2.0) = (-1.0)),
worin also 2 semiotische Spriinge involviert sind.

In derselben Weise kénnen wir nun an allen 4 dusseren Ecken des prisemiotischen Raumes
vorgehen und bekommen dann die folgenden weiteren Nebentypen:

4.(0.3) > (0.1) 7. (3.0) = (1.0) 10. (0.-3) > (0.-1)
5.(0.2) > (0.1) 8. (2.0) > (1.0) 11. (0.-2) = (0.-1)
6. (0.3) > (0.2) 9. (3.0) = (2.0) 12. (0.-3) > (0.-2)

Damit ergeben sich also 4 mal 4 = 16 Typen prisemiotischer Morphismen, nimlich die 4 Haupt-
und die 3 mal 4 = 12 Nebentypen.
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Semiotische Kategorien und Saltatorien

1. In Toth (2008) hatte ich gezeigt, dass man aus Zeichenklassen der Form (3.a 2.b 1.c) als
Kategorien und invertierten Zeichenklassen der Form (l.c 2.b 3.a) als Saltatorien semiotische
Diamanten komponieren kann, wobei die hetero-morphismische Komposition der zur Kategorie
der triadischen Zeichenrelation retrosemiotischen Relation korrespondiert. Meine diesbeztglichen
Erkenntnisse stiitzten sich auf Kaehr (2007). Nun ist in der Zwischenzeit ein weiteres Paper von
Kaehr erschienen, in welchem die Interaktion von Kategorien und Saltatorien in Diamanten und
von Diamanten untereinander fokussiert wird (KKachr 2008).

2. Eine Zeichenklasse hat allgemein die Form

(a.b cde.f)

und ihre durch Dualisierung gewonnene Realititsthematik hat die Form

(f.e d.c b.a)

Neben der in Toth (2008a) als “Inversion” bezeichneten Transposition

(e.fcdab)

gibt es jedoch weitere 5 Transpositionen fiir jede Zeichenklasse, also total 6:

6 Transpositionen: (a.b c.d e.f), (a.b e.f c.d), (c.d a.be.f), (c.de.fab), (efabcd), (efcdab)
Diese 6 Transpositionen kénnen nun auch dualisiert werden:

6 Dualisationen: ~ (f.e d.c b.a), (d.c f.e b.a), (f.e b.a d.c), (b.a f.e d.c), (d.c b.a f.¢), (b.a d.c f.¢)

3. Wie bislang tblich (Bense 1981, S. 124 ff., Leopold 1990, Toth 1997, S. 21 ff.), definieren wir
eine Zeichenklasse als semiotische Kategorie:

Semiotische Kategorie := Catiem = (a.b cd e.f)

und ihre duale Realitdtsthematik als duale semiotische Kategorie:

Duale Semiotische Kategorie := Catem®® = (f.e d.c b.a)

Die Inversion und die tibrigen 4 Transpositionen kénnen dann im Einklang mit Toth (2008) als
semiotische Saltatorien definiert werden. Wir bekommen:

Salt., = {(a.b e.f c.d), (c.d a.b e.f), (c.d e.fa.b), (e.fa.bcd), (e.fc.dab)}

Entsprechend erhalten wir auch die dualen semiotischen Saltatorien:

Salt®., = {(d.c f.e b.a), (f.e b.a d.c), (b.a f.e d.c), (d.c b.a fie), (b.ad.c fie)}

4. In semiotischen Diamanten und Diamanten-Kompositionen koénnen daher semiotische
Kategorien und Saltatorien wie folgt miteinander kombiniert werden:
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Cat gem [ Salt sem:

(a.b cdef), (abefcd)
(a.bcdef), (cdabelf)
(a.bcdelf), (cdefab)
(a.b cde.f), (e.fab c.d)
(a.b cde.f), (e.f c.d a.b)

Cat 4en®® [ Salt cem:

(f.e d.c b.a), (abe.fc.d)
(f.e d.c b.a), (c.da.b e.f)
(f.e d.c b.a), (c.d e.fa.b)
(f.e d.c b.a), (e.fa.b c.d)
(f.e d.c b.a), (e.f c.d a.b)

Cat sem [ Salt ¢ °°:

(a.b c.d e.f), (d.c f.e b.a)
(abcdelt), (fe b.adc)
(a.b cd e.f), (b.a fie d.c)
(abcdeld), (dcbafe)
(abcdeld), (badcfe)

Cat «m®® [ Salt ¢n°°:

(f.e d.c b.a), (d.c f.e b.a)
(f.e d.c b.a), (f.e b.ad.c)
(f.e d.c b.a), (b.a f.e d.c)
(f.e d.c b.a), (d.c b.a f.e)
(f.e d.cb.a), (b.ad.c fie)

Fir das formale Grundschema (a.b c.d e.f) kann nun jede der zehn Zeichenklassen eingesetzt
werden:

(3.12.11.1) (3.1231.3)
(3.12.11.2) (322212
(3.12.11.3) (3.22.21.3)
(3.12212) (3223 1.3)
(3.1221.3) (3323 1.3)

und ebenfalls die Genuine Kategorienklasse (3.3 2.2 1.1), die als Determinante der kleinen
semiotischen Matrix eine semiotische Realitit ist.

5. Wir zeigen nun anhand der Zeichenklasse (3.1 2.1 1.3), wie eine semiotische Diamanten-
komposition ausschaut. Zunichst folgt das allgemeine Kaehrsche Modell:

(5] [car ]
il sy

[C‘ar] [C‘ar"’]:‘ [S‘afr] [Safr"’]
L P

[sai] [sa] [car] [car]

IR, A

[C‘ar] [C‘ar"’] [Safr] [Safr"‘]
T Tt

[sai ] (car]

Quelle: http:/ /www.rudys-diamond-strategies.blogspot.com/

Die Zeichenklasse (3.1 2.1 1.3), ihre Transpositionen und Dualisationen lassen sich dann
kompositionstheoretisch wie folgt darstellen:
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[3.11.31.2] [3.11.21.3]

//////’\\\\\\ ///////\\\\\\\

[3.12.11.3] 311213 / [2.13.11.3] [3.1131.2]
2.13113]/[311312] [3.1211.3]/[3.11.21.3]
[3.12.11.3] 311213 / [3.11.32.1] [1.23.11.3]
[1.32.13.1] [3.12.11.3]

Es sei jedoch betont, dass die vorstehende Diamantenkomposition nur ein Reprisentant einer
grosseren Klasse von zu einander semiotisch-diamantentheoretisch isomorpher Kompositionen
1st.

6. Das mathematische Diamantenmodell, das Kaehr (2007) eingefiihrt hatte, sicht wie folgt aus:

1
(on <« Oly
(0] —> M1 (@] Ol —> (Q))
f g
o3 —> (OF}
fg

Im obigen Beispiel semiotischer Diamantenkomposition haben wir folgende semiotische Katego-
rien und Saltatorien verwendet:

Catem: [3.12.11.3]  Caten®® [3.1 1.2 1.3]

Salt.m3: [2.1 3.1 1.3]  Salt®® 3: [3.1 1.3 1.2]

Salten2: [3.1 1.3 2.1]  Salt®® (n2: [1.2 3.1 1.3]
Salt.nl: [1.3 2.1 3.1]

Deren Komposition sieht also wie folgt aus:

Caten: [3.12.11.3]= (3.1 — 2.1) 0 (2.1 — 1.3) = [[B°, id1], [a°, Bol]]
Caten®® [3.11.21.3] = 3.1 > 1.2) 0 (1.2 > 1.3) = [[a°B°, o, [id1, B]]

Saltwnl: [1.3 2.1 3.1] = (1.3 < 2.1) 0 (2.1 « 3.1) = [[or, a°B°, [B, id1]]
Saltm2: [3.1 1.3 2.1] = (3.1 <= 1.3) 0 (1.3 <= 2.1) = [[a°B°, Pay, [ot, 0°B°]]
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Salt®® (n2: [1.23.1 1.3] = (1.2 <= 3.1) 0 (3.1« 1.3) = Ba o], [0°B°, Bal]
Saltum3: [2.13.11.3] = 21« 3.1) 0 3.1« 1.3) =] B °B° Bal]
Salt®® (n3: [3.1 1.3 1.2] = 3.1 <= 1.3) 0 (1.3« 1.2) = °B° Bay, [id1, B°]

Die im allgemeinen Diamantenschema durch Striche angedeuteten Transitionen (“="") zwischen

Catyem und Cateen®® sowie Salteni sind also die folgenden:

Cat = Cat®®: [3.12.11.3] = [3.1 1.2 1.3] = [[B°, id1], [ a°, Bo] = [[a°B°, o 1d1 Bl]
Cat°® = Cat: [3.11.21.3] = [3.1 2.1 1.3] = [[a°B°, of, [id1, B]] = [[B°, 1d1 °, Ba]
Cat = Saltl: [3.12.11.3] = [1.32.1 3.1] = [[B°, id1], [ , Bo] = [[o, @B, Bldl]]
Saltl = Cat: [1.32.13.1] = [3.1 2.1 1.3] = [[a, a°B°], B id1]] = [[B°, id1], [e°, Pa]]
Cat = Salt2:  [3.12.11.3] = [3.1 1.3 2.1] = [[B°, id1], [o° Ba]] = [[a°B°, Ba, a°[3°]]
Salt2 = Cat: [3.11.32.1] = [3.1 2.1 1.3] = [[a°P°, Ba a®Be]] = [[B°, id1], [a°, Bol]
Cat = Salt3: [3.12.11.3] = [2.13.1 1.3] = [[B°, id1], ,Ba [[B, id1], °[5° Bal]
Salt3 = Cat:  [2.13.11.3] = [3.12.1 1.3] = [[B, id1], °B°, Ba] = [[B°, 1d1, ° Ba]
Cat®® = Salt1: [3.1 1.2 1.3] = [1.3 2.1 3.1] = [[a°B°, o, [id1, B]] = [[o, a°B°], [B, id1]]
Salt] = Cat®®:[1.3 2.1 3.1] = [3.1 1.2 1.3] = [[a, a°B], [B, id1]] = [[0°B®, o, [id1, B]]
Cat®® = Salt2: [3.1 1.2 1.3] = [3.1 1.3 2.1] = [[a°B°, o], [id1, B]] = [[ °[3°, Bal, [o, 2B
Salt2 = Cat®®: [3.1 1.3 2.1] = [3.1 1.2 1.3] = [[a

Cat®® = Salt3: [3.1 1.2 1.3] = [2.1 3.1 1.3] = [[a

Salt3 = Cat®®:[2.1 3.1 1.3] = [3.1 1.2 1.3] = [[B,

Salt] = Salt2: [1.32.13.1] = [3.1 1.3 2.1] = [[a, a°[3 B 1d1 °B° Ba [0, B
Salt2 = Saltl: [3.1 1.3 2.1] = [1.3 2.1 3.1] = [[a°B°, al, [0, a°[3 [oc a°B [3 idl]]
Salt2 = Salt3: [3.113 2.1] = [21 3.1 1.3] = [[ap°, Ba [0, a°[3°

Salt3 = Salt2: [2.13.1 1.3] = [3.1 1.3 2.1] = [[B, °B° Ba [0, a°B
Saltl = Salt3: [1.32.13.1] = [2.1 3.1 1.3] = [[a

Salt3 = Saltl: [2.13.1 1.3] = [1.32.1 3.1] = [[B, a, a°B 1, B, 1d1 .
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Schritt und Sprung in der Semiotik

(-..) ob nicht jiberhaupt die Dialektik der Qualititen eine andere ist; ob nicht
‘der Ubergang’ hier eine andere Rolle spielt.

Soren Kierkegaard, Die Krankheit zum Tode (1984, S. 93)

Die nene Qualitit entsteht mit der ersten, mit dem Sprunge, mit der
Plotzlichkeit des Rdtselhaften.

Soren Kierkegaard, Der Begriff Angst (1984, S. 30)

Die Siinde kommt also hinein als das Plotzliche, d.h. durch einen Sprung; aber
dieser Sprung setzt zugleich die Qualitat; doch indem die Qualitit geset3t ist,
ist im selben Augenblick der Sprung in die Qualitdt hineinverflochten und von
der Qualitit vorausgesetzt und die Qualitat vom Sprunge.

Seren Kierkegaard, Der Begriff Angst (1984, S. 32)

Die diusserste quantitierende Bestimmtheit erklirt den qualitativen Sprung
ebenso wenig wie die geringste.

Soren Kierkegaard, Der Begriff Angst (1984, S. 37)

Da tut sie einen Sprung mitten in diesen Lichtstrabl hinein und beginnt sich
von nun an selbst Zuzusehen.

Unica Zirn, Der Mann im Jasmin (1977, S. 80)

1. Rudolf Kaehr (2007) hatte das Begriffspaar Schritt und Sprung in die polykontexturale Logik
eingefiihrt, um die mathematische Unterscheidung zwischen Morphismen und den von Kaehr
entdeckten Hetero-Morphismen bzw. von Kategorien und “Saltatorien” (oder “Jumpoids”) in
Anlehnung an die Terminologie Heideggers metaphysisch zu untermauern. Wie die obigen Zitate
belegen, geht die Idee, den “Schritt” mit dem “Giénsemarsch” der Peanozahlen und das heisst mit
der Nachfolge-Konzeption der vollstindigen Induktion auf die quantitative Mathematik, dagegen
den “Sprung” auf die qualitative Mathematik, genauer: auf die Uberbriickung des kontexturalen
Abgrundes zwischen den Peano-Zahlen einerseits und den polykontexturalen Strukturbereichen
der Proto-, Deutero- und Trito-Zahlen anderseits anzuwenden, bereits auf Kierkegaard zurtick.
Auch Kronthaler, der Schopfer der qualitativen Mathematik, spricht von einem Sprung: “Die von
rechts nach links zunehmende Quantitit von Ausdifferenzierungen zeigt u.a. einen Qualitdtssprung
von Proto — Deutero — Trito” (Kronthaler 1986, S. 35), dazu Anm. 116: “Hier im Sinne von:
Quantitit schlidgt in Qualitit um, verstanden” (1986, S. 187). Kronthaler benutzt dann die
Unterscheidung von Schritt und Sprung dazu, die flichige Zihlstruktur der qualitativen Zahlen
darzustellen (1986, S. 31).

2. Wenn wir das semiotische Koordinatensystem ansehen, wie es in Toth (2008b) dargestellt wurde,
koénnen wir zwischen externen und internen Ubergingen unterscheiden.
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Die externen Uberginge liegen am iusseren Rand des Koordinatensystems jeweils auf einer

horizontalen Achse, wenn das Koordinatensystem schrittweise um 90° gedreht wird. Die internen
Ubergéinge liegen auf Achsen, die zu den horizontalen Achsen orthogonal sind, d.h. sie gehen bei

allen 90°-Drehungen des Koordinatensystems von “aussen nach innen”, d.h. dem absoluten

Nullpunkt zu:

2.1. Externe Ubergénge

1. (-1.3) = (0.3) = (1.3)
2. (3.1) > (3.0) > (3-1)
3. (-1.-3) = (0.-3) = (1.-3)
4. (:3.-1) = (-3.0) > (:3.1)

2.2. Interne Uberginge

5.(0.3) > (0.2) > (0.1) > (0.0)
6. (3.0) > (2.0) > (1.0) > (0.0)
7. (0.-3) = (0.-2) = (0.-1) = (0.0)
8. (-3.0) = (-2.0) = (-1.0) > (0.0)

Man erkennt sofort:

1.(1,3) L (2, 4. sowie (5.,7.) L (6.,8.), d.h. diese externen und internen Paare von Ubergingen
sind orthogonal zueinander.

2. Die Orthogonalen der externen Uberginge verhalten sich wie Morphismen zu Hetero-
Morphismen. Die Orthogonale der internen Ubergiinge verhalten sich wie Morphismen zu
inversen Morphismen.

3. 1. bis 4. bzw. 5. bis 8. sind alternative Springe und Schritte bzw. Schritte und Spriinge.

Wir erinnern uns daran, dass in Toth (2008c) semiotische Schritte als semiosische oder retro-
semiosische Prozesse zwischen triadischen bzw. tetradischen Hauptwerten und Spriinge als
semiosische oder retrosemiosische Prozesse zwischen trichotomischen Stellenwerten definiert
wurden. Wenn wir also die in Toth (2008d) eingefithrten semiotischen Kontexturen,
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berticksichtigen, d.h. die Tatsache, dass man die tetradisch-trichotomische Zeichenrelation als
parametrisierte Relation iiber parametrisierten Relationen einfithren kann:

PZR = (£3.4a +2.+b +1.4¢c £0.£d),

dann konnen wir semiotisch folgendermassen zwischen Schritten, Springen und Kontexturen
unterscheiden (die Beispiele sind willkiirlich gewihlt):

(2.1) = (2.2) Schritt ohne Kontexturiibergang
(2.1) = (-2.2) Schritt mit Kontexturiibergang

(2.1) > (3.2) Sprung ohne Kontexturiibergang
(2.1) > (-3.2) Sprung mit Kontexturtibergang

Aus dieser Unterscheidung geht hervor, dass die Begriffe Sprung und Kontextur also wenigstens
in der Semiotik getrennt werden kénnen bzw. miissen. Neue Qualititen kénnen sich daher auch
ausserhalb kontextureller Uberschreitungen einstellen. Da Kontexturiiberginge durch negative
Vorzeichen sofort erkennbar sind, fithren wir fir die beiden Operatoren Schritt und Sprung die

Symbole S und 2 ein.

3. Wie bereits in Toth (2008a, S. 38 f.), fithren wir hier im Anschluss an Kaehr (2007, S. 12 u.
passim) zwei polykontextural-semiotische Operatoren ein:

- den Jump-Operator ||
- den Bridging-Operator

Damit kénnen wir nun die externen und die internen Uberginge zwischen dem prisemiotischen
und dem semiotischen Raum mit Hilfe der Begriffe Schritt, Sprung und Kontextur sowie mit
beiden semiotischen Trans-Operatoren formal darstellen:

3.1. Externe Uberginge

LE(13) 1 0.3) 11 (13)

2. S((3.1) > (3.0) b (3.-1))
3.3((-1.-3) || (0.-3) || (1.-3))
4.S((-3.-1) >4 (-3.0) b< (-3.1))

3.2. Interne Uberginge

5. 5((0.3) b (0.2) b4 (0.1) >4 (0.0))
6. 2((3.0) || 2.0) | 1.0) || 0.0)

7. 8((0.-3) >4 (0.-2) B (0.-1) >4 (0.0))
8. 2((-3.0) || (-2.0) || (-1.0) || (0.0))

Damit haben wir also die grundlegenden polykontextural-semiotischen Operatoren des prasemioti-
schen Transit-Raumes formalisiert.
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Semiotische Diamanten aus symplerotischen Zeichen-
klassen

Im Anschluss an Toth (2008a, S. 177 ff.) wird in dieser Arbeit eine neue Methode zur Konstruktion
semiotischer Diamanten eingefithrt. Ein logischer Diamant hat nach Kaehr (2007, S. 55) folgende
allgemeine Form:

Rejektion
/ < \
Proposition © Opposition
\ N /
Akzeption

Nun wurde bereits in Toth (2008a, S. 183 ff.) gezeigt, dass die 6 Permutationen jeder Zeichenklasse
in der Form von semiotischen Diamanten notiert werden kénnen. Allerdings hat Kaehr in seiner
bisher jingsten Arbeit die Ansicht vertreten, die mathematische Semiotik sei “strictly
monocontextural” (Kaehr 2008, S. 5 ff.):

Example M— O— 1/
Semiotic composition:

(M - o)o(o—> ;): (M —>/),

Conceptual graph for signs

M
N

O—

l

1

Semiotics (F’eiru:e, Bense, Toth) is fundamentally mono — contextural and itis blind

far its monocontexturality, /.e.the unigueness property, 1, is not part of the definition of semiotics.

Diamond composition:
(M(, S Ow)o (ow 3 |w) — (Mw — |w) |(ow — ow)

Diamond relations as rules

Semioticcomposition rule

(M — 0)o(0 — )

M—

Null
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Diamond composition rule (Mw — Ow)o (Oa, —_ Iw)

(Me — W)|(Cu = G)

Gy = diff[0)
Oy = diff0,)
(Gu —Gs)

Nun wurde aber in Toth (2008b) gezeigt, dass die gruppentheoretische Operation der Symplerosis
zur Unterscheidung von Akzeption und Rejektion in (klassischen) semiotischen Systemen fiihrt.
Natiirlich hat Kaehr recht, wenn er bemerkt, wegen des Bestehens des logischen Identititssatzes
bleibe die Semiotik monokontextural; allein, dies hindert sie nicht daran, einige Dutzend
polykontexturaler Eigenschaften zu zeigen, dies im Einklang mit den Vermutungen Masers (1973,
S. 29 ff)) und Benses (1980) sowie meiner auf der Webseite www.mathematical-semiotics.com
erneut zuganglich gemachter Arbeiten. Aus philosophischer Sicht hatte Udo Bayer (1994) in seinem
Aufsatz “Semiotik und Ontologie” im Detail aufgezeigt, dass die der theoretischen Semiotik
zugrunde liegende Ontologie eine polykontexturale ist. Deshalb erstaunt nicht, dass man innerhalb
der mathematischen Semiotik auch zahlreichen formalen polykontexturalen Strukturen begegnet.

In Toth (2008b) hatte ich gezeigt, dass man Uber der Menge der Primzeichen PZ = {.1., .2, .3.}
genau drei abelsche Gruppen konstruieren kann, wobet in der ersten Gruppe die Drittheit (.3.), in
der zweiten Gruppe die Zweitheit (.2.) und in der dritten Gruppe die Erstheit (.1.) zugleich als
Einselement sowie als semiotisch-logischer Rejektionswert fungiert.

(PZ, 04): (PZ, 02): (PZ, 03):
1—>2 13 1=1
21 2=2 253
3=3 31 352

Damit lassen sich nun aus den 10 Zeichenklassen je 3 symplerotische Zeichenklassen nach den

drei abelschen Gruppen konstruieren:
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Zkln PZ, O1 PZ, Oy PZ, O3

(3.12.1 1.1) (321222) (1.3 2.3 3.3) 2.13.1 1.1)
(3.1211.2) (3.21.22.10) (1.32.33.2) (2.1 3.1 1.3)
(3.12.11.3) (3.21.22.3) (1.32.33.1) (2.13.11.2)
(3.12.21.2) (3.21.12.1) (1.32.23.2) (2.1331.3)
(3.1221.3) (3.21.1 2.3) (1.32.23.1) (2.13.31.2)
(3.1 2.3 1.3) (3.21.32.3) (1.32.1 3.1) (2.13.21.2)
(3.2221.2) (3.11.1210) (1.22.23.2) (2.33.31.3)
(3.22.21.3) (3.11.1 2.3) (1.22.23.1) (233.31.2)
(3.22.31.3) (3.1 1.3 2.3) (1.22.13.1) (233.21.2)
(3.32.31.3) (3.3 1.32.3) (1.12.1 3.1) (223.21.2)

Damit ergeben sich also zu jeder Zeichenklasse der Form

(3.a2.b 1.0

mit ihren 6 Permutationen

(3.a2.b 1.0
(3.al.c2b)
(2.b3.alc
(2.b1l.c3.a)
(l.c3.a2.b)
(l.c 2.b 3.2)

1. heteromorphe Zeichenklassen der nicht-symplerotischen Formen

(l.c 2.b 3.2)
(2.b1l.c3.2)
(l.c3.a2.b)
(3.al.c2b)
(2.b3.alc
(3.a2b 1l.c)

2. heteromorphe Zeichenklassen der symplerotischen Formen nach (PZ, o)

(2.c1.b 3.2)
(1.b 2.c 3.2)
(2.c3.alb)
(3.a2.c 1.b)
(1.b 3.2 2.c)
(3.alb2.c)

sowica,b,c=.14>a,b,c=.2
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3. heteromorphe Zeichenklassen der symplerotischen Formen nach (PZ, 0»)

(3.c2.b 1.2)
(2.b 3.c 1.2)
(3.cl.a2b)
(l.a3.c 2.b) sowiea,b,c=.1<>a,b,c=.3
(2.b 1l.a3.c)
(1.a2.b 3.c)

4. heteromorphe Zeichenklassen der symplerotischen Formen nach (PZ, 03)

(2a3.b 1.0
(2.al.c3.b)
(3.b2al.c
(3.b1.c2.2) sowiea,b,c=.24>2a,b,c=.3
(l.c 2.a 3.b)
(1.c 3.b 2.2)

Da somit alle Permutationen aus den Zeichenklassen Nrn. 2., 3. und 4. als Heteromorphismen in
Frage kommen, kann damit jede der 6 Permutationen jeder der 10 Zeichenklassen mit je einer der
total 18 heteromorphen Zeichenklassen zu einem semiotischen Diamanten kombiniert werden.
Diese grosse Anzahl semiotischer Diamanten verdoppelt sich ausserdem, wenn wir statt von
Zeichenklassen von Realititsthematiken ausgehen. Wihrend also die Identititsrelationen zwischen
den beiden dyadischen Teilrelationen jeder triadischen Zeichenklasse und dieser Zeichenklasse
bestehen, bestehen die Differenzrelationen zwischen den dyadischen Teilrelationen einer
Zeichenklassen und ihren heteromorphen, d.h. durch eine der drei symplerotischen Operationen
gewonnen Zeichenklassen. Da das Konstruktionprinzip dieser homomorph-heteromorphen
Diamanten dem in Toth (2008a, S. 177 ff.) angegebenen folgt, begniigen wir uns abschliessend mit
dem folgenden einen Beispiel: Gegeben sei die Zkl (3.1 2.1 1.3) sowie 0,. Dann erhalten wir also
als 2-symplerotische Zkl (1.3 2.3 3.1) und daraus als heteromorphe (3.1 2.3 1.3) und daher den
folgenden semiotischen Diamanten:

(3.1231.3)
[[B®, Ba, [a®, id3]]
/ - \
[B°, id1] [a®, Ba]
31 — 2h)o@l — 13

N /

[[B®, id1], [at, Bod]]
%
(3.12.11.3)
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Heteromorphismen aus symplerotischen Zeichenklassen

1. Semiotische Diamanten wurden von mir (Toth 2008a, S. 32 ff.) im Anschluss an Kaehr (2007,
S. 2) eingefiihrt. Sie haben nach Kaehr die folgende allgemeine Form

1
wh «—— o4

£ g
al — > ol 0 2 —>2

N7

fg
03 — >3

Setzt man nun (a1) = (1.3), a2 = (3.3), w1l = (3.3), 02 = (1.3), so bekommt man den folgenden
semiotischen Diamanten.

Bo
33 «—13

go( O(OBO
13— >33 o) 33 ——>1.3

N7

id1
13 —>13

In einer kiirzlich veréffentlichten Kritik bemerkte Rudolf Kaehr zurecht, dass in dergestalt
eingefiihrten semiotischen Diamanten die Heteromorphismen nichts anderes seien als
Spiegelungen dyadischer semiotischer Funktionen (Kaehr 2008, S. 3). Kaehr tibersieht allerdings,
dass die Umkehrungen dyadischer Funktionen nur formal, aber nicht inhaltlich Spiegelungen sind.
Z.B. bedeutet (2.1 = 3.1) die rthematische Interpretation eines Abbildes, aber die umgekehrte
Funktion (3.1 = 2.1) muss, wie bereits Bense (1981, S. 124 ff.) bemerkte, nicht zum selben Icon
zuriickfithren. Es kann sich hier also um einen echten semiotischen Heteromorphismus handeln.’
2. In Toth (2008b, S. 61 ff)) hatte ich gezeigt, dass sich Gunthers triadisches Schema einer
dreiwertigen Logik (1976, S. 336 ff.)

3 Dieses Missverstindnis beruht, wie ich tiberzeugt bin, auf dem allgemeineren Missverstindnis, das Kachr mit vielen
Logikern und Mathematikern teilt, dass nimlich die mathematische Semiotik eine “kiinstliche” (KKaehr 2008, S. 7 f.
spricht von “artificial”) Formalisierung sei. In Wahrheit besteht die Neuerung der mathematischen Semiotik tiber die
quantitative ebenso wie tiber die qualitative Mathematik gerade darin, dass sie als einzige Mathematik mit Bedeutung
und Sinn rechnet. Auch Kaehrs Uberzeugung (2.2.0.), der mathematische Zahlbegriff sei monadisch, weshalb sich
seine Semiotisierung a priori verbiete, ist unzutreffend, da bereits Bense (1980) gezeigt hatte, dass jeder bisher in der
Mathematik verwandte Zahlbegriff eine triadische Relation im Sinne des peirceschen Zeichenmodells erfiillt.
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Reflexionsprozess

Subjekt ' Objekt

mit den Entsprechungen Subjekt = objektives Subjekt, Objekt = (objektives) Objekt und
Reflexionsprozess = subjektives Subjekt auf das bekannte triadische Peircesche Zeichenmodell

1

M O

abbilden lisst, so dass wir also folgende logisch-semiotischen Korrespondenzen bekommen (zur
Begriindung vgl. Toth 2008b, S. 64 f.):

Subjekt = objektives Subjekt = Mittelbezug
Objekt = objektives Objekt = Objektbezug
Reflexionsprozess = subjektives Subjekt = Interpretantenbezug

Als weitere Korrespondenzen erhalten wir folgende logisch-semiotischen Prozesse (vgl. Glinther
1963, S. 38):

(Subjekt = Objekt) = (M = O) = Transzendentalidentitit
(Subjekt = Reflexionsprozess) = (M = I) = Reflexionsidentitit
(Objekt = Reflexionsprozess) = (O = I) = Seinsidentitit

Somit werden also bei der Transzendentalidentitit die beiden semiotischen Werte (.1.) und (.2.)
vertauscht, d.h. (.3.) = const. Bei der Reflexionsidentitit werden die beiden semiotischen Werte
(.1.) und (.3.) vertauscht, d.h. (.2.) = const. Schliesslich werden bei der Seinsidentitit die beiden
semiotischen Werte (.2.) und (.3.) vertauscht, d.h. (.1.) = const. Wie in Toth (2008c) gezeigt wurde,
entsprechen diese Wertvertauschungen genau der Anwendung der drei moglichen abelschen
gruppentheoretischen Operationen 61, 62 und 6. Diese drei symplerotischen Operationen erzeu-
gen also aus den 10 Zeichenklassen eine erste Gruppe von transzendentalidentischen, eine zweite
Gruppe von reflexionsidentischen und eine dritte Gruppe von seinsidentischen Zeichenklassen.
Wir kénnen diese Verhaltnisse in dem folgenden Schema zusammenfassen:
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Zkln 3 = const 2 = const 1 = const
Transzendental- Reflexions- Seins-
identitit identitat identitat

(3.1211.0) (321222 (1.32.3 3.3) (2.13.11.1)

(3.1211.2) (3.21.221) (1.32.33.2) (2.1 3.1 1.3)

(3.12.11.3) (3.21.223) (1.3233.1) (2.1 3.11.2)

(3.1221.2) (3.21.121) (1.3223.2) (2.1 3.3 1.3)

(3.12.21.3) (3.21.12.3) (1.32.23.1) (2.1331.2)

(3.12.31.3) (3.21.323) (1.32.13.1) (2.13.21.2)

(3.2221.2) (3.11.12.1) (1.2223.2) (2.3 3.3 1.3)

(3.22.21.3) (3.11.12.3) (1.2223.1) (23331.2)

(3.2231.3) (3.11.323) (1.22.13.1) (233.21.2)

(3.32.31.3) (3.31.323) (1.12.13.1) (223.21.2)

(3.3221.0) (3.31.122) (1.12.2 3.3) (2233 1.1)

Als letzten Schritt kénnen wir nun, ausgehend von den nicht-symplerotischen Zeichenklassen, aus
dieser Tabelle zu jedem Homomorphismus seine je drei Heteromorphismen herauslesen. Wir
notieren sie hier jedoch in nicht-invertierter Form und teilen sie entsprechend den drei

semiotischen Funktionen in (M = O), (O = I) und M = I) ein:

(12111 (321222 (132333) (213.11.1)
11=21) (12=22 (13=23) (1.1=21)
21=31) (22=32 (23=33) @21=31)
11=31) (12=32 (13=33) (1.1=3.1)
(312112 (321221) (132332 (213.11.3)
12=21) (12=21) (13=23) (13=21)
21=31) (21=32 (23=32 @21=3.1)
(12=31) (12=32 (13=32 (13=3.1)

37



(312113 (321223) (13233.1) (213112
(13=21) (12=23) (13=23) (12=21)
21=31) (23=32 (23=31) @21=3.1)
(13=31) (12=32 (13=31) (12=3.1)
(312212 (21121 (132232 (213.31.3)
(12=22) (11=21) (13=22 (13=21)
22=31) (21=32 (2=32 (21=33)
(12=31) (11=32 (13=32) (1.3=33)
(3.12213) (321.123) (132231) (213312
(13=22) (11=23) (13=22) (12=21)
22=31) (23=32 (2=31) (21=33)
(13=31) (11=32 (13=31) (12=323)
(3.12313) (3.21323) (132131 (213.21.2)
(13=23) (13=23) (13=21) (12=21)
23=31) (23=32 @1=31) @21=32)
(13=31) (13=32 (13=31) (12=32)
(322212 (11121 (122232 (233.31.3)
(12=22) (11=21) (12=22) (13=23)
22=32) (21=31) (22=32) (23=323)
(12=32 (11=31) (12=32) (13=1323)
(322213) (11123 (122231) (233312
(13=22) (11=23) (12=22) (12=23)
22=32) (23=31) (2=31) (23=323)
(13=32) (11=32 (12=31) (12=33)
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(322313) (311323 (122131) (233212
(13=23) (13=23) (12=21) (12=23)
23=32) (3=31 @21=31) @23=32)
(13=32) (13=31) (12=31) (12=032)
(332313) (331323) (1.1213.1) (223.21.2)
(13=23) (13=23 (11=21) (12=22)
23=33) (23=33) (@1=31) (22=32)
(13=33) (13=33) (1.1=31) (12=32)
(332211 (331122 (1.12233) (22331.1)
(11=22) (11=22 @11=22) (1.1=22)
22=33) (22=33) (2=33) (22=133)
(1.1=33) (11=33) (11=33) (1.1=33)

Damit lassen sich nun semiotische Diamanten konstruieren, welche der folgenden Forderung
Kaehrs (2008, S. 1) nicht mehr widersprechen: “Diamonds are not triadic-trichotomic but genuine-
ly tetradic, chiastic, antidromic and 4-fold. Hence, diamonds are not semiotical”.
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Echte und falsche semiotische Diamanten

1. Wenn man eine reelle Zeichenklasse der allgemeinen Form

Zkl = (3.a2.b 1.0

dualisiert, bekommt man eine Realititsthematik der Form

Rth = (c.1 b.2 a.3).

Wenn man hingegen eine komplexe Zeichenklasse der Form (vgl. Toth 2009)
Zkl = (3.ia 2.ib 1.ic)

dualisiert, sieht die Realititsthematik wie folgt aus

Rth = (ia.31b.2ic.1),

d.h. wihrend bei reellen Realititsthematiken fiir alle (x, y) x € Abszisse und y €
Ordinate gilt, ist es fiir komplexe Realititsthematiken gerade umgekehrt.

2. In den folgenden 10 Graphen sind fiir alle Peirceschen Zeichenklassen (rot)
einerseits die reellen (blau), anderseits die komplexen Realitatsthematiken (schwarz)
eingetragen:

1. <<3il>, <2il>, <lil>> x <<il.1>, <i1.2>, <i1.3>>
2. <<3.il>, <2il>, <1.i2>> x <<i2.1>, <il.2>, <i1.3>>

@) S
L 3i -+ 3i
T | 2i T 2i
= > 4
1i 1i

1 | 1| [ | | |
I I I I 1 I I I I I !
3- 1 2 38 20 -1 o1 2 3 S
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3. <<3il>, <2il>, <1.i3>>

4. <<3il>, 242>, <1.i2>>

O
+ 31

5. <<3.il>, <2.i2>, <1.i3>>
6. <<3il>, <2.i3>, <1.i3>>

O
+ 3i

7. <<3.i2>, <2.i2>, <1.i2>>
8. <<3.i2>, <2.i2>, <1.i3>>

O

x <<i3.1>, <i1.2>, <i11.3>>

X <<i2.1>, <i2.2>, <i1.3>>

O
31+

F2i

-3i

x <<13.1>, <i12.2>, <11.3>>

x <<i3.1>, <i3.2>, <il.3>>

O
31

X <<12.1>, <i12.2>, <12.3>>
x<<13.1>, <i12.2>, <i2.3>>

o
314

21
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0. <<3.i2>, <2.i3>, <1.i3>> x <<i3.1>, <i3.2>, <i2.3>>
10. <<3.i3>, <2.i3>, <1.i3>> x <<i3.1>, <i3.2>, <i3.3>>

O O
—+ \ 31 T 4¢— <—A 31
—>—P
B 2i B 2i A
1 1
| | | | | | | | | | | |
1 T 1 1 T 1 I 1 1 I 1 I
3002 41 01 2 3 S 3 2 -1 0 1 2 3 S
—1i =1i
21 T2i
31 3i

3. Schreiben wir fiir komplexe Realititsthematik Rthc und fiir reele Rthr, dann haben
wir also

Rthr(3.a 2.b 1.c) = (c.1 b.2 a.3),

wobei A(ZK], Rth) = 0 nur im alle der eigenrealen, dualidentischen Zeichenklasse,
sonst gilt immer A(Zkl, Rth) > 0, und zwar deshalb, weil jedes Paar konverser

Subzeichen (a.b) und (a.b)° = (b.a) sowohl in einer anderen Triade als auch in einer
anderen Trichotomie, d.h. sowohl in einer anderen Zeile als auch in einer anderen

Spalte der Gausschen Zahlenebene liegen:

3 1.3 23 33

NN
"N

1 1.1 21 341

2 1 22 32

1 2 3
Dagegen gilt
Rthc(3.ai 2.bi 1.ci) = (ci.1 bi.2 ai.3),

d.h. wir haben

Rthe(l.ci — 2.bi — 3.ai) = (ai.3 = bi.2 = ci.1),
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d.h. eine komplexe Zeichenklasse und ihre Rthc verhalten sich genau so wie
Morphismus und Heteromorphismus (vgl. Kaehr 2009, S. 28 ff.). Das bedeutet also
ternerhin, dass sich komplexe Zeichenklassen als echte (dreistellige) semiotische
Diamanten darstellen lassen; z.B.

(3.11 2.11 1.31) x (31.1 11.2 11.3) =

(31.1 < 11.3)

T

(3.1i = 2.1i) o (2.1i - 1.3

~_

Umgekehrt lassen sich jedoch reelle Zeichenklassen (und Realitdtsthematiken) nicht
als echte semiotische Diamanten darstellen, da, wie Kaehr betont hatte, einfache
Retrosemiosen der Gestalt (3.1 1.2) — (2.1 1.3) keine Heteromorphismen sind. Man
konnte hier also héchstens von ,,falschen semiotischen Diamanten® sprechen.

(3.1i — 1.3i)
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New elements of theoretical semiotics (NETS), based on
the work of Rudolf Kaehr ) (= NETS, 1)

1. Recently, Professor Rudolf Kaehr has published four papers (Kaehr 2008, 2009a,
b, ¢) in which he applies some elements of polycontextural theory to selected
fundamentals of mathematical semiotics introduced by me. I have to point out that
Kaehr’s work on semiotics surpasses in never seen dimensions almost everything
that has been elaborated in the long history of semiotics. Therefore, I have no doubt
that Kaehr’s studies mark the beginning of a wholly new era of formal semiotics
compared to which most of the writings of the last decades will look rather poor and
provisory. In the present article, I will discuss some of the new theoretical
fundamentals introduced into semiotics by Kachr.

2. As Kaehr correctly sees, the so-called “Genuine Category Class”
(3.3221.0)

is the only sign-relation that appears in Bense’s “semiotic matrix” without being a
defined sign class, since sign classes (SCI) must be built upon the relational form

SCl= (3.2a2b l.c) witha,b,c € {.1,.2,.3}
obeying the inclusive trichotomic order
(a<b<o),

but since (3.3 2.2 1.1) has the trichotomic order (a > b > c¢), is is not considered a
sign class and therefore does not figure in the list of the 10 Peircean sign classes.

Nevertheless, the Genuine Category Class has given rise to speculations about its
theoretical status as well as about its applications throughout the history of
theoretical semiotics. F.ex., Bense (1975, p. 93) wrote:

“Alle diese fir die (dreistufige Hauptsemiose der (neunstufigen) semiotischen Matrix
charakteristischen erkenntnistheoretischen und kommunikationstheoretischen, ersichtlich
auf Zeichenrelationen und Semiosen zuriickfithrbaren Ziige machen die Hauptsemiose (1.1,
2.2, 3.3) zu einer genuinen, die alle anderen moéglichen Semiosen, die mit ihren stabilen
Momenten in der semiotischen Matrix erkannt bzw. formuliert werden kénen, generiert und
reprasentiert. Sie kann daher in ihrer semiotischen Funktion, naheliegend und bei
hinreichender Verallgemeinerung jenes Prinzips der Zustandsentwicklung, das Maxwell und
Boltzmann fiir ihre Zwecke einfithrten, im Anschluss an die spiteren Formulierungen von
Planck, Takacs, Lange, Chintschin u.a. als ergodische Semiose bezeichnet werden, um
auszudricken, dass ein bestimmter Abstraktionsfluss mit bestimmten relativ stabilen
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Abstraktionsmomenten existiert, der (relativ zur semiotischen Matrix der Gesamtheit der
Semiosen und ihrer Subzeichen) als ergodischer Prozess zu beschreiben ist”.

However, while there is no doubt that was Bense wrote, is true from a semantic
standpoint, the formal side of generative and representative connections between the
Genuine Category Class and the 10 regular sign classes is highly unclear. The
Genuine Category Class is only connected to the following 6 sign classes:

(3.1211.1),3.1221.2),3.1221.3),(3.2221.2),3.2221.3),(3.3231.3),

so that, unlike the eigenreal sign class (3.1 2.2 1.3), which is connected to all 10 sign
classes and therefore induces a “determinant-theoretic duality system” (Walther
1982), the Genuine Category Class does not induce a discriminant-theoretic duality
system.

However, in a new publication (Kaehr 2009c), Kaehr has shown that it is not
sufficient to introduce the three fundamental categories of triadic semiotics as single
objects or morphisms, but that they must be introduced as doublets, therein
containing their “hetero-morphism” or “(inner) environment”:

Firstness: Peirce: A
Kaehr:  Ala

Secondness:  Peirce: A —> B
Kachr A —>B]|c

Thirdness: Peitce: A —>C
Kaehr: A —>C|bi<« b2

An informal approach to apply this so-called diamond-concept of defining the three
semiotic fundamental categories not as single morphisms, but as doublets consisting
of morphisms and their hetero-morphisms, can the derived from the correspondence
between the fundamental categories and the so-called semiotic functions (cf. Walther
1979, pp. 113 ss.; Toth 1997, p. 33). Although Firstness is what stands for itself, it is
also the domain of Thirdness in the semiotic “application function”

M =1 or ((.1.) = (.3.),

meaning that Firstness is what connects the whole (triadic) relation with itself (the
monadic) relation, so that we can characterize Firstness with (1,3).*

* If we define a sign relation as SR = (M, M=0),(O=])) in Peirce’s sense (followed by Walther
1979, pp. 113 ss.), consisting of a monadic, a dyadic and a triadic (part-)relation, then we omit the
fourth part-relation I=M) or (M=>I), resp.! Therefore, the graph of SR would not be closed.
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On the other hand, Secondness is what connects Firstness with Thirdness in
correspondence with the semiotic “designation function” (1,2)

(M = O) or (1) = (.2)),

and Thirdness is what connects Secondness with the whole (triadic) relation, thus
with itself (2,3) in correspondence with the semiotic “denomination function”

O =1or((2)=(3)).

Therefore, we obain that the monocontextural set of prime-signs
PS = {1, .2, .3}

corresponds to the following polycontextural set of prime-signs
PS* = {(1)13, (:2)12, (:3.)25}.

When we now have a look at Kaeht’s “polycontextural semiotic 3-matrix” (Kaehr
2009c¢)

(1113 1.24 1.35 A
2.1 2215 2.3,
31 3.2, 3325

we recognize immediately that the genuine (identitive) sub-signs
(3.323), (2,.212), (1.113)

are the only sub-signs whose “indices” are identical with the “indices” of the prime-
signs. Thus, the polycontextural Genuine Category Class

(3.325 2,212 1.113)

is the generating sign relation for all the sub-signs of the semiotic matrix and
therefore for all the 10 (regular) Peircean sign classes. This astonishing and
extremely important result could not be achieved before the introduction of semiotic
environments based on the doublet-definition of the semiotic fundamental
categories ascribing to each semiotic morphism its hetero-morphism by Kachr
(2009¢).
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This generating function of the polycontextural Genuine Category Class can also be
shown in the polycontextural 3-matrix itself:

(1113 1.2 1.3 )
d 0 )
2.11 2.212 2.3,

J d T
L 3.1 3.2, 33,5

This means that the “index” (1,3) of (1.1) generates (downwards) both the “index” 1
of (2.1) and the “index” 3 of (3.1). The “index” (1,2) generates (upwards) the “index”
1 of (1.2) and (downwards) the “index” of (3.2). And the “index” (2.3) generates
(upwards) both the “index” 3 of (1.3) and the “index” (2,3) of (3.3).

A more “impressionistic”’ characterization of the sub-signs is:

(1.2), or Secondness of Firstness, is what both connects itself and the whole and
Firstness with itself, i.e. (1,3) [ (1,2) = 1.

(1.3), or Thirdness of Firstness, is what both connects itself and the whole and
Secondness with itself, i.e. (1,3) LI (2,3) = 3.

(2.3), or Thirdness of Secondness, is what both connects Firstness with itself and
Secondness with itself, i.e. (1,2) [I (2,3) = 2.

2.1), (3.1), and (3.2) have the same “indices”, since they are dual to the three above
defined sub-signs. As already shown, the indices of the genuine or identitive (self-
dual) sub-signs are identical with those of the prime-signs.

3. Polycontexturality is based on the abolition of the four basic Laws of Thinking:
The Law of Identity, the Law of the Excluded Middle, The Law of Non-
Contradiction and the Law of Double Negation. However, when the Law of Identity
is abolished, for semiotics, it is to expect that one of its central theories, the theory
of eigenreality (Bense 1992), disappears, too. Already Kaehr (2009c) has shown that

the monocontextural eigenreal dual system

x(3.12.213) = (3.12.21.3); 3.1221.3) = (3.1 2.2 1.3)

does not hold anymore in the polycontextural semiotic framework based on the
above polycontextural semiotic 3-matrix:

X(3.152.215 1.35) = (3.15 2221 1.35); (3.13 2212 1.35) # (3.15 2.221 1.35),
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since through dualization, not only the sub-signs, but their “indices” are inverted as
well. It follows that the 10 Peircean sign classes do not form anymore Walthers
(monocontextural) “determinant-symmetric duality system” which says that each of
the 10 sign classes/reality thematics is connected with every other sign class/reality
thematics by at least 1 sub-sign. Since the theory of semiotic connections is based
fundamentally on the concept of eigenreality, it has to be redefined, too.

However, the loss of eigenreality due to introduction of environment-contextuated
sub-signs is not so unexpected as it might seem to be. Even without knowledge of
the different contextures involved in the index (2.2), it is clear that in

x(3.1221.3) = (3.1 2.2 1.3),

the rhema (3.1) of the second sign class is not identical with the rhema (3.1) of the
first sign class, but is identical with the dualized legi-sign of the first sign class (1.3).
The same holds for the legi-sign of the second sign class which is the dualized rhema
of the first sign class and not its legi-sign. This means: The “identity” between (3.1)
and x(1.3) and (1.3) and x(3.1) is a pure formal one. However, this purely formal
identity stands in contradiction with the assertion of semiotics that the two rhemata

X(3.1xy)=3.1xYy)
are in fact rhemata and the two legi-signs
X(xy1.3)=(xy1.3)

are in fact legi-signs and thus semantically identical, which is, as we have just shown,
not true. If this would be true, than sign-sign (1.2) and icon (2.1) and symbol (2.3)
and dicent (3.2) would be identical, too.

For the set of the semiotic dual-systems, the abolishment of eigenreality
implicates that there is no longer a partition into the eigenreal dual-system
and the one side and the other 9 dual-systems on the other side. As it is show,
dualization inverts all 10 sign classes or reality thematics in exactly the same way, i.c.
through inversion of not only their sub-signs but also of their environmental
contextures. Thus, all 10 sign classes and reality thematics need two dualizations in
order to regain their original structure:

(315211 1.115)
(3.15 211 1.2))
(3.15 2,11 1.35)
(3.152.215 1.2,)
(315221, 1.35)

(1151 1.21 1.35)
211121 1.35)
(315121 1.35)
(2.11 2251 1.35)
(3152221 1.35)

(3.152.11 1.115)
(3.15 211 1.2))
(3.15 2,11 1.35)
(3.152.212 1.2,)
(315221, 1.35)

X X X X X
X X X X X
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(3.15 2.3, 1.35)
(3.222.2151.2)
(3.222.21,1.35)
(3.222.3, 1.35)
(3.325 2.3, 1.35)

(3.153.2, 1.35)
2.11 2,251 2.35)
(3.15 2.2, 2.35)
(3.153.22 2.35)
(3.153.22 3.332)

(3.15 2.3, 1.35)
(3.222.2151.2)
(3.222.2151.35)
(3.22.3, 1.35)
(3.325 2.32 1.35)

X X X X X
X X X X X

The same holds for the polycontextural Genuine Category Class:
(3.32,3 2.21,2 1.11,3) X (3.13,1 3.22,1 3.33,2) X (3.32,3 2.31,2 1.31,3)

So, in the third row, every sub-sign and every environment is not only formally, but
also semantically identical with the respective sub-sign and environment in the first
row.

4. In chapter 2., I had already mentioned that regular sign classes are restricted
through obeying the inclusive semiotic order

(3a2bl.cywitha<b<c.

Thus, every other order of the trichotomic values a, b, ¢ leads to irregular sign classes.
However, this restriction is one of those not so rare semiotic restrictions, which have
no theoretical basis at all. Moreover, the special restriction in discussion here has not
even a semantic motivation, since there is no reason, why a sign relation like, e.g.,

(3.22.1 1.3)

is not to be considered a (regular) sign class. An example for (2.1 1.3) is a literary
metaphor, which as a metaphor is iconic (2.1) and by use of letters, i.e. conventional
media, is a legi-sign (1.3). So, why should our metaphor (2.1 1.3) not be able to figure
as part of a dicentic sentence, i.e. a sentence, which can be judged concerning its
truth or falseness? The arbitrarily chosen German sentence

Der Zahn der Zeit hat an diesem Gebaude genagt
can surely be stated as true or false when uttered about a specific building. Generally,

is does not need much fantasy to find counter-evidence against the “forbidden”
(irregular) sign classes which are constructed just by the rule

(3.a2.b 1l.c)witha, b, c € {.1,.2,.3}

If we construct them, we get 3 - 3 - 3 = 27 sign classes. We will note them as
polycontextural sign classes, i.e. together with their contextural “indices”
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G120 113 (32211 1115 (3.325 211 1.115)
G1:2.112) (32211 1.2)  (3.3252.1:1.2)
G121133) (32:2.11135) (3325211 1.3
(152212111 (3202212 1.115) (33232215 1.115)
(132.2121.2)  (3.2:2.2121.20)  (3.3252.215 1.2))
(132.2121.35)  (3.2:2.2121.35)  (3.3252.215 1.35)
(15231115 (3.2:23:1.115)  (3.325 2.3, 1.113)
(3.1523:121) (3.2:23:121) (332523, 1.2)
(1:23:1.35)  (3.2:2.3:1.35)  (3.3232.3:1.35)

In bold are the “regular” sign classes. Simply by looking at the positions of the
regular 10 sign classes, we recognize that they build only a sub-set or perhaps
better: a fragment of the set of the 27 sign classes. If we look at the system of
the contextural “indices”, this gets even clearer:

3-1-(1,3) 2-1-(1,3) 2,3)-1-(1,3)
3-1-1 2-1-1 2,3)-1-1
3-1-3 2-1-3 2,3)-1-3

3.(1,2)-(1.3) | 2-(1,2-(1,3) || 23)1-1.2)-(1,3)

3-(1,2)-1 2-(1,2)-1 2,3)-(1,2)-1
3-(1,2)-3 2-(1,2)-3 2,3)-(1,2)-3
3-2-(1,3) 2-2-(1,3) 2,3)-2-(1,3)
3.2-1 2-2-1 2,3)-2-1
3-2-3 2-2-3 (2,3)-2-3,

since we recognize that each of the 3 horizontal squares has the following double
structure:

3-x-y 2-x-y (2,3)-x-y
with
—
1 (1,3)
x =17 (1,2 y=)1
2 3

whereby, in x, (1,2) mediates between 1 and 2, and in y, (1,3) is unfolded into 1 and
3.
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5. Semiotics belongs to the oldest scientific branches, although it never became so
popular like, e.g., logic. However, while logic has been thoroughly formalized in the
last two millennia, in semiotics, hardly anything more has been done than to produce
endless and senseless discussions about the reality status of the sign (physet or theset).
Then, since the 60ies, Bense introduced formal concepts into semiotics, but he
mainly saw in semiotics a branch of metamathematics rather than mathematics. The
“mathematical turn” of semiotics was left for me to achieve. Although I have started
in the early 80ies to try to elevate semiotics on the formal level of at least elementary
mathematics, the bigger part of this work I could only publish in the last years, due
to other scientific obligations. Included in these studies was the adaptation of some
basic notions of Gilinthet’s polycontextural theory, which I had studied only in the
90ies. However, most semioticians - me included - have long time overseen that
Ginthers work has been expanded into a whole new scientific branch by his student
Rudolf Kaehr. Since Kaeht’s work surpasses Giinther’s work both in formal accuracy
and in metaphysical depth, an approximation between semiotics and polycontextural
theory can only be achieved from Kaeht’s and not directly from Giinther’s work. I
am convinced that the future of semiotics lies in big parts in this common semiotic-
polycontextural basis. The very few examples given in this study may be sufficient to
show the enormous power that emerges from this common basis. The present author
has titled this article “New elements of theoretical semiotics” and even invented the
acronym “NETS” in the hope that this study will not remain alone but continued in
many sequels.
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A poly-contextural view on triadic semiotics. (= NETS, 2)
1. The Peircean semiotic fundamental categories can, as Kaehr (2009) has shown, be
redefined by using their inner semiotic environments or hetero-morphisms:

Firstness: Peirce: A
Kaehr:  Ala

Secondness:  Peirce: A —> B
Kaechr A —>B]|c

Thirdness: Peitce: A —C
Kaehr: A —> C|bi <« b

If we assume that M, O, I form three semiotic contextures, we get

M (1) = R(1,3)
O(2) =R(1,2)
1(3) =RE)3),

which correspond to the definition of semiotic functions (cf. Walther 1979, pp. 113
$S.):

R(1,3) <> RM, ) = M =1I)

R(1,2) <> RM, O) = M = O)

R(2,3) <> R(O,I) = (O =1)

Therefore, the Peircean “mono-contextural” set of prime-signs
PS = {1,.2,.3.}

can be redefined, too, as a “poly-contextural” set of prime-signs

PS* = {(.1.)1,3, (.2.)1,2, (3)23}

On this basis we get, instead of the mono-contextural semiotic matrix, the following
poly-contextural semiotic matrix” (Kaehr 2009):
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(1115 1.2 1.33 A

2.1 2212 2.3

. 3L 3.2, 3.325
2. However, as Kaehr (2009) has suggested and as it had been pointed out in Toth
(2003, pp. 54 ss.), triadic semiotics has not necessarily to be built on 3 semiotic
contextures, but can be constructed as fragments of 4 or more semiotic contextures.
4-contextural semiotics had been introduced extensively as pre-semiotics, embedding
the Peircean triadic semiotics into tetradic semiotics containing the category (or
contexture) Zeroness, already suggested in Bense (1975, pp. 45, 65 s.), in Toth
(2008b). If the above triadic-3-contextural semiotic matrix is considered a fragment
of a tetradic-4-contextural matrix, we get:

[ 1lise 1214 1354 )

2114 22104 2324

3.134 3.204 3.3234

In Toth (2008b), the category of Zeroness was identified with the “ontological space”
introduced in Bense (1975, pp. 45 s., 65 ss.) and further developed in Stiebing (1981,
1984). Therefore, we have

0) | (1., .2, .3),

where the sign || stands for the contextural border between the (categorial) object
(.0.) and the sign (1., .2.,.3.).

However, as it was shown in Toth (2008c), the contextural border between the sign
and its designated object is not the only transcendence involved in the sign relation.
As a matter of fact, each of the three fundamental categories substitute, in a sign
relation, an entity of the ontological space which is transcendent to its respective
fundamental category. We thus have

0) | (1., .2, .3)
(1) | 0., .2, .3)
2) | 0., .1, .3)
3) | (0., .1, .2)

Therefore, at least from a semantic standpoint, the upper border for a sign class is a
6-adic semiotics with 6 contextures as its minimum (cf. Toth 2007, pp. 186 ss.).
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On the other side, if we take the above triadic 4-contextural matrix, we get the the
tfollowing semiotic relations

0) | (1., .2, .3)
(1) | 0., .2, .3)
2) | 0., .1, .3)
3) | (0., .1, .2)

Semantically, this means, that, if we construct the Peircean sign relation (.1., .2, .3.),
we omit the categorial object. Thus, this is the normal sign relation which substitutes
its object that is, therefore, transcendent to it. However, if we construct (.0., .2., .3.),
(0,.1.,.3) or (.0,,.1.,,.2.), we omit the medium, the object, or the interpretant relation
of the sign, but we abolish the basic contextural border between the sign and its
designated object. I will discuss these three “abnormal” sign relations briefly:

(1) | ¢0.,.2.,.3): The sign without medium, i.e. without sign-carrier. As an example,

we can take Lewis Carroll’s “Forest of no name”: As long as Alice and the deer are
in this forest, where there are no medium relations of the signs, they walk and discuss
with one another. However, as soon as they get out, the deer remembers its name
and can now infer the connotation “deer = shy animal”, and runs frightened away

(N6th 1980, p. 75).

(2) || (0., .1, .3.): The sign without object, i.e. without meaning, Here, too, we have

a good example in Lewis Carroll’s work, this El-Dorado of pathological sign
relations: The two sign-posts which direct in different directions, but at the same
time to the allegedly unique object of the house of Tweedledum and Tweedledee.
No6th remarks: “Es stellt sich allerdings die Frage, ob es das durch die Wegweiser
anzeigte Objekt tiberhaupt gibt; denn Alice trifft Tweedledum and Tweedledee nicht
in einem Haus, sondern unter einem Baum stehend an” (1980, p. 74).

(3) |l ¢0., .1., .2): The sign without interpretant. Although there are at least ten

different kinds of interpretant relations in Peirce’s work, the primary notion of
interpretant, fitting perfectly to the intuitive notion of sign, is that something is a sign
for somebody, and therefore for a receiver in the sense of a sign obeying the
communication schema. Thus, an example of a sign without interpretant is an
inscription, which cannot be deciphered. Moreover, since there is no meaning in a
sign relation when the interpretant is absent, we can quote as an instant here Carroll’s
Poem of Humpty-Dumpty to which Noth correctly remarked: “Zwar kennt Alice
das Gedicht auswendig, aber seine Bedeutung kennt sie nicht. Sie ist nicht in der
Lage, die vollstindige triadische Zeichenrelation herzustellen” (1980, S. 74) — denn
hierzu bediirfte sie eben des Interpretantenbezugs.
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3. In a work that unfortunately has not been recognized by the Stuttgart School of
Semiotics, Joseph Ditterich pointed out that it is possible to consider the dyadic
Saussurean sign as a sub-matrix of the triadic Peircean sign matrix (Ditterich 1990,
p. 28). If we start again with the triadic matrix as a fragment of a 4-contextural
semiotic matrix:

[ 1disa 0 1204 0 1354 )
2114 1 22104 1 2304
3.13,4 E 3.22,4 E 3.32 3.4

then we realize that we do not only have, like in the case of the 3-contextural triadic
semiotic matrix, 1, but 3 dyadic sub-matrices:

(12
23
(13

Considering 0, we get in addition again 3 dyadic sub-matrices:

01
0« 2)
0 <> 3)

In other words: There is no longer one dyadic sign model associating signifiant and
signifié, but there are now 6 sign models which are based on associations between
the pairs of Zeroness, Firstness, Secondness and Thirdness. Hence, Saussurean
semiotics is not only just a (semiotically incomplete) sub-matrix of the basal triadic
Peircean sign matrix, but even as a sub-matrix nothing else but a special case of at
least 6 different sub-matrices which are completely unrecognized in Saussures
“semiology” and its further developments in French structuralism.

4. The following table shows the distribution of the 9 sub-signs of the semiotic matrix
over 4 semiotic contextures:
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1 2 3 4
1.1 1.1 1.1
1.2 1.2
1.3 1.3
2.1 2.1
2.2 2.2 2.2
2.3 23
3.1 3.1
3.2 3.2
3.3 3.3 3.3

As has been already stated above, we can now, starting from a triadic semiotics
considered a fragment of a 4-contextural semiotics, construct sign classes which obey
the following 4 semiotic part-relations:

SR*(1) = (1., .2., 3.
SR*(2) = (0., .1., 2.
SR*(3) = (0., .1., 3.
SR*(4) = (0., .2., 3.

For the construction of the sign classes, we stick with the inclusive semiotic order
(abcdef) witha, .., fe {1,2,3} and (b<d <o),

thereby reducing the maximal amount of sign relations in which a, ¢, e are pairwise
different, from 3’ = 27 to 10 sign classes, although this decision is questionable; cf.
Kaehr (2009) and Toth (2009). For examples, cf. above, chapter 2.

4.1. Poly-contextural sign classes over SR*(1)
These are exactly the 10 Peircean sign classes plus the contextural “indices”.

(3154 2114 11154
(B34 2114 1.214)
(3134 2114 1.334)
(3134 22104 1.214)
(3154 22104 1.334)
(B.lsa 2324 1.334)
(3.224 22104 1.214)
(3224 22104 1.334)
(3224 2324 1334
(3.3234 2324 1.334)
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4.2. Poly-contextural sign classes over SR*(2)

These are exactly the 10 Peircean sign classes together with the contextural “indices™:

(2.114 11134 0.113)
2114 1214 0.21)
2.11a 1354 0.325)
(22104 1.214 0.21)
(22124 1354 0.325)
(2324 1334 0.325)
(22104 1.214 0.21)
(22124 1354 0.325)
(2324 1334 0.323)
(2324 1334 0.323)

4.3. Poly-contextural sign classes over SR*(3)

(3. 154 1.1154 0.115)
(3154 1214 0.21)
(3.13,4 1.33,4 0.32,3)
B.lss 1.214 0210
(3154 1354 0.323)
(3.13,4 1.33,4 0.32,3)
(3224 1.214 0212
(3224 1354 0.325)
(3254 1354 0.325)
(3.3234 1354 0.323)

4.4. Poly-contextural sign classes over SR*(4)

(3154 2114 0.115)
(B.134 22104 0.21)
(3154 2324 0.325)
(3. 154 22124 0.21p)
(B.134 2324 0.323)
(3154 2324 0.325)
(3.224 22104 0.212)
(3.224 2324  0.323)
(3224 2324 0.325)
(3.3234 2324  0.323)

From the above 4 polycontextural-semiotic systems, we can also very well see what
I have called the “inheritence” of the pre-semiotic trichotomies in the semiotic
trichotomies (Toth 2008a, pp. 166 ss.); cf., e.g.
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Blss 211 0.113) (B.laa 22124 0.2

While straight lines show the inheritence of the pre-semiotic trichotomies in the
semiotic trichotomie, the dashed lines show the “inheritance” (or simply, the
connection) of the contextures of zeroness to/with the higher fundamental
categories.
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Connections of inner semiotic environments (= NETS, 3)

1. The distinction of system and environment is crucial for cybernetics. In semiotics,
this distinction has been introduced by Bense (1975, pp.97 ss., 108 ss.). However,
since there is no environment for category theoretic morphisms, in classical
mathematics as well as in classical semiotics, semiotic environment, up to now,
always means outer semiotic environment. Therefore, outer semiotic environment
means, in accordance with the Peircean principle that no sign can appear alone, the
connections between signs in the form of static sub-signs or dynamic semioses.

1.1. Example of sign connection by static sub-signs

(3.1 2.1 1.3)

(3.1221.3)
1.2. Example of sign connection by dynamic semiosis

(3.12.11.2)

(3.12.11.3)
Note: In classical semiotics, pairs of dualized sub-signs are treated as identical, f. ex.:
x(3.1) = (1.3)

On this strictly mono-contextural principle (cf. Kaehr 2009), the inner connections
between sign classes and reality thematics are established, e.g.:

(3.12113)x (3.11.21.3),

but consider

(3.12113)x(3.11.21.3).

and not

(3.12.113)x(3.11.21.3).

59



because x(3.1) = (1.3) and x(1.3) = (3.1). Moreover, since, according to Kaehr (2009),

we even have

x(idx) # (idx), x € {1, 2, 3},

it follows especially that

x(3.1221.3)# (3.1 2.2 1.3)

in contradiction with the classical-semiotic theory of eigenreality.

The reason for the disequations is that “self-identity is able to distinguish its
directionality as left (lo) and right (ro) order” (Kaehr 2009, p. 2).

From the standpoint of classical semiotics, this leads to the paradoxical situation,
that, from a poly-contextural standpoint, we have on the one side

K(a.b) = K(b.a),

i.e. the contexture of a sub-signs (a.b) is identical with the contexture of its dualized
sub-sign. However, if not only the sub-signs, but the contexture as well is dualized

x(K(a.b)) # K(b.a.),
we get again a disequation.

2. In order to solve the problems caused by the above disequations, Kachr (2009)
redefined the semiotic fundamental categories:

Firstness: Peirce: A
Kaehr:  Ala

Secondness:  Peirce: A —> B
Kachr A —>B]|c

Thirdness: Peitce: A —C
Kaehr: A —> C|bi <« b

In Kaeht’s own words: “A composition is always accompanied by an environment
of its morphisms. Therefore, an initial object or the number 1, firstness, is diamond
theoretically always doubled: as itself and as its environment, i.e. (A | a). That is, as a

morphism, and as a hetero-morphism. A diamond initial object is not a singular
object but a doublet. Also called bi-object” (2009, p. 2).
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Therefore,
PS = (1. .2,.3)

is the mono-contextural set of prime-signs without inner semiotic environments.
Clearly, the prime-signs are not connected with one another.

However, by introducing the concept of inner semiotic environment (or hetero-
morphism), we get in the case of 3-contextural PS

PS; = ((.1.)1,3, (.2.)1,2, (3)23)
and in the case of 4-contextural PS
PS4 = (((1)134, (:2)124, (.3.)234),

and therefore sets of prime-signs which are connected by their inner environments
(113, (2012, (:3.)23)

1
1
1
1
1
1
_______ '_______I
1
1

e ———

1

1

1
[ I P ool

1

1

Naturally, the complexity of connections by inner semiotic environments increases
with increasing number of contextures involved.

3. The sets of prime-signs are examples of connections solely by their inner semiotic
environments. If we have a look at the 3-contextural triadic semiotic matrix

(o1l 135, )
211 22ib 23
|3 32 33 |
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we recognize that in each triad and in each trichotomy the sub-signs are pairwise
connected by their inner semiotic environment. It follows that there are no triadic
sign relations, which are not connected by their inner semiotic environment. This is
especially important for sign relation which are neither connected by static sub-signs
nor by dynamic semioses, f. ex.:

31542114 11154 3.3234 2.324 1.334
M AA

3
3
3
2

3.2042.2124 1.214

3
2

_——-ad

rF-=a---

The three sign classes in this example have no other than inner environmental
semiotic connections.

This simple fact has tremendous consequences for the semiotic universe. Since there
are pairs of sign classes which have no static nor dynamic connection, the conclusion
was made in Toth (2009) that the semiotic universe is non-connected (in the
topological sense). As a matter of fact, from a purely mono-contextural standpoint,
the two following statements from Peirce and Karger, respectively, must appear
contradictory (quotation from Toth 2009):

Walther paraphrasiert (ohne Quellenangabe des zugrunde liegendenZitats) Peirce wie folgt: “Die
einzige geistige Wirkung eines Zeichens bzw. der ‘letzte logische Interpretant’, der kein Zeichen
ist, aber allgemein beobachtet werden kann, ist ein “‘Wechsel der Denkgewohnheit’, wie Peirce
bemerkte” (1979, S. 78). Ohne auf diese Stelle zu referieren, heisst es dann aber bei Karger: “Es ist
aber so, dass eine ‘Denkgewohnheit’ ein Zeichen darstellt und der Wechsel zu einer neuen
Denkgewohnbheit ebenfalls. Es werden also Verinderungen am Zeichen erfahren, die wiederum
zum Zeichen fihren” (1986, S. 42).

However, from a poly-contextural standpoint, we can “save” the coexistence of the
contradictory utterances, because even then, when an n-tuple of sign classes is
topologically non-connected what concerns their sub-signs and/or semioses, it is
necessarily connected by the internal semiotic invironments of their sub-signs and/or
semioses. To put it in the form of

Theorem: Any n-tuple of sign-classes is connected by the heteromorphisms of their
sub-signs involved, but not any n-tuple is necessarily connected by the morphisms

of their sub-signs involved.

This extremely important semiotic theorem could not have found without the

groundbreaking work of Rudolf Kaehr.
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It therefore seems, that the change of one’s habitude of mind (Wechsel der
Denkgewohnheit) means indeed a loss of outer semiotic connections, but at the same
time the hitherto hardly used inner semiotic connections are opening unforeseen
semiotic possibilities.

4. Concluding, I want to give some examples in order to show in which semiotic
areas the introduction of semiotic connections by inner environments may be
helpful. In Toth (2008) I had introduced a typology of semiotic connections between
sign classes and their permutations, reality thematics and their permutations, sign
classes and permutations of their reality thematics, permutations of sign classes and
permutations of their reality thematics.

4.1. Connections of sign classes and permutations of sign classes

315421141354 2.114 1.354 3.154 (SCI — Perm SCI)
T/’V’\ AN NN AN

S
3
2

4.2. Connections of reality thematics and permutations of reality thematics

3043 1.201 1305 1243 1.345 3.145 (Rth — Perm Rth)
TA.«.\ AN NN N N Tm

3.13,4 2.11,4 1.33,4 1.24,1 3.14,3 1.34,3 (SCI — Perm Rth)
WA My A
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4.4. Connections of permutations of sign classes and permutations of reality
thematics

2.11,4 3.154 1.33,4 1.24,1 1.34,3 3.14,3 (Perm SCI — Perm Rth)

3
3
3
3
3
3

L=

[mm—————

———pmm——————
JER R

1

1

1

1
———tmm = —— -

+

1

1

1

1

1

1

1

1

4.5. Communication schemata (cf. Bense 1971, pp. 39 ss.; Toth 1993, pp. 147 ss.)
31342114 1.1134 3.1342.324 1.334

3.13,4 2.21,2,4 1 .33,4

| it

"

4.6. Creation schemata (cf. Bense 19706, pp. 106 ss.; Toth 1993, pp. 158 ss.)

N7 A

TUEEEMm13,
>7 25 o>

/|/\_ C Oy, "—’——:—:—:——— ————
3RV -
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Semiotic environment systems (= NETS, 4)

1. In Bense (1975, pp. 94 ss.), we find a complex theory of semiotic environments in
connection with the differentiation of virtual vs. effective triadic sign relations on the
one side and the theory of pragmatic retrosemioses on the other side. Unfortunately,
this theory has never even been noticed by anybody. In the present article, I will
present its fundamental ideas and try to establish the connection to Kaeht’s theory
of “environments for transclusions in textemes” (2009b), therefore enabling to
introduce both outer and inner semiotic environment systems and their
interrelationships into semiotics.

2. Since contextuated sub-signs have only been introduced into semiotics by Kaehr
(20092), in semiotics, environment means always outer environment of signs.
However, besides the rather trivial notion of an environment of a sign class formed
by another sign class, thus meaning nothing more than sign connections, Bense
(1975, pp. 97 ss.) introduced pragmatic retrosemioses of the form

(I:>M))

L.e. the so-called “application function” of the sign in the sense that, for every object
O, an external interpretant I creates an M which represents this object, thereby the
relation between I and M creating an outer semiotic environment of this object which
is represented. Note that R(I, M) is an ordered relation to which the converse relation
R(M, I) is not defined.

3. For inner semiotic environments, i.e. hetero-morphisms, we follow Kaehr (2009a,
b) in assuming a triadic sign relation being a fragment of a 4-contextural sign relation.
Thus,

SR(3;4) = (3.a2.b 1.¢)
operates on the following 4-contextural 3x3 polycontextural-semiotic matrix

[ 1lise 1244 1.354

l T T
2114 22104 2324

\ ! T
3l 324 33254

Since in heteromorphisms, the arrows are inverted, but not the prime-signs
constituting the sub-signs, we get the following 9 environments for the 9 sub-signs
or monadic semiotic relations (left column). In opposite, in dualization, not only the
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arrows, but also the order of the prime-signs of the sub-signs are inverted (right

column):

E((11)1%4) = (11)4%1
E((1.2>1,4) = (1.2)4,1
E((13>34) = (1.3)4,3
E(2.1)14) = (2.1)42
E((2.2>1,2,4) = (2.2)4,2,1
E((2.3)24) = (2.3)42
E((3.1)54) = (3.1)45
E((3.2)2,4) = (3.2)4,2
E((3.3)234) = (3.3)42

D((1.1)134) = (1.1)43,
D((1.2)14) = (2.1)4:
D((1.3)34) = (3.1)45
D(2.1)14) = (1.2)a:
D((2.2)1,2,4) - (2.2)4,2,1
D((2.3)24) = (3.2)42
D((3.1)54) = (1.3)45
D((3.2)24) = (2.3)42
D((3.3)2,3,4) = (3.3)4,3,2

4. For outer semiotic environments, we follow Bense (1975, pp. 97 ss.). Therefore,
every sub-sign (a.b) can be embedded into an application relation depending on the
value of its trichotomy (.b). Because we stick with the semiotic inclusion order that

every sign class (3.a 2.b 1.c) must obey the order (a <b < ¢), it follows, that, if (b) =
1, we have 3 application relations, if (.b) = 2, we have 2 application relations, and, if
(.b) = 3, we have 1 application relation. In the following, we show that, for every
application relation, we can establish a system of 4 outer semiotic environments on
the basis of Bense’s pragmatic retrosemioses:

U114 = (31)s0) = (1.1)s50)
U115 = (3Da3) = (1.1)s50)

U((1Das) = (G- D)se) = (L1)154))
U((1Das) = (G- Day) = (L1)154))

5. For the dual reality thematics of each sign class, we therefore get the following
system of 4 outer semiotic environments:

UD((1D159) = ((13)s9) = (1.1)431)
UD((1D)159) = (((13)5) = (1.1)431)

UD((1.)4s) = (13)4) = (1.1)159)
UD((1.)4s) = (13)39) = (1.1)159)

6. We can finally ask if it makes sense to introduce, besides UD, the notion of the
outer semiotic environment of an inner semiotic environment, UE. In doing so, we

get

UE((1D154) = (3-1)34) = (1.1)a51))
UE((1D154) = (3-1)a3) = (1.1)a51))
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UE((1.1)431) = (- Dsa) = (1.1)154))
UE((1.1)a31) = (3-1)a3) = (1.1)15)).

As we reciognize easily, it is
UE((a.b)ij/2) = U(@.b)je) G, k € {1,2,3,4})

This is quite an astonishing result, which we will formulate in the following semiotic
theotrem:

Theorem: The inner semiotic environment is already produced by the outer semiotic
environment.

7. So far, we have seen that the contextural “index” of a sub-sign (a.b) in 4
contextures

(a.b.0) iz (,j, k € {1,2,3,4})
is either
1, j, k (“morphismic form”)

or
k, j, 1 (“heteromorphismic form”)

The heteromorphismic form appears, when a sub-sign is operated by operators E
and D.

Obviously, for binary “indices” (i, k), (k, i), E and D as semiotic operators are
sufficient. However, what is the semiotic meaning of the 6 possible permutations of
the ternary “indices” (i, k, k):

Besides (i, j, k) and (k, j, i) we have

2. (i, k, j) which corresponds to the semiotic order of the prime-signs (M, I, O). This
order corresponds to the semiotic creation schema introduced by Peirce (cf. Peirce
1976) an formalized by Bense (1976, pp. 110 ss.).
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3. (j, 1, k) which corresponds to the semiotic order of the prime-signs (O, M, I). This
order corresponds to the semiotic communication schema introduced by Bense
(1971, pp. 38 ss.) which O corresponding to the sender, M to the channel and I to
the receiver of an elementary communication schema.

4. (j, k, 1) which corresponds to the semiotic order of the prime-signs (O, I, M). This
is the reality thematics of the semiotic creation schema (i, k, j).

5. (k, 1, j) which corresponds to the semiotic order of the prime-signs (I, M, O). This
is the reality thematics of the semiotic communication schema (j, i, k).

Therefore, all 6 order of the polycontextural-semiotic “indices” have a clear
pragmatic definition. Thus, we can state that while

SRM, O, I) = <[1,3,4], [1,2,4], [2,3,4])>
is the generativ-semiosic order of the sign relation (M, O, I) and

SRM, O, )° = <[4,3,2], [4,2,1], [4,3,1]>
ist the respective order of the dual reality thematics (I, O, M),

semiotic communication schemata can be assigned to the following two ordered sets
of polycontextural-semiotic “indices”

SR(O, M, 1) = <[1,2,4], [1,3,4], [2,3,4]>

SR(O, M, I)° = <[4,3,2], [4,3,1], [4,2,1]>,

and semiotic creation schemata can be assigned to

SR(M, I, O) = <[1,3,4], [2,3,4], [1,2,4]>

SRIM, I, O)° = <[4,2,1], [4,3,2], [4,3,1]>

Therefore, taking the notion of semiotic environment in its biggest possible sense,
we can state that communication and creation are just special forms of environment
structures of the sign model rather than practical application of cybernetic systems
onto semiotics.
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Permutations of sign classes and of inner semiotic
environments (= NETS, 5)

1. In Toth (2008a, pp. 177 ss.), I introduced permutations of sign classes into
semiotics. In classical, semiotics, a sign class always appears in the following order of
its triads:

SCl= (3.a2b l.c),ie I, O, M,

while its dual reality thematics appears in the converse order

Rth = SCI° = (c.1 b.2a.3), ie. M, O, L.

However, in Bense (1971, pp. 38 ss.) semiotic communication schemata obeying the
order

CoSch = (2.b 1.c 3.a), i.e. OMI
and in Bense (1976, pp. 110 ss.) semiotic creation schemata obeying the order

CrSch = (3.a 1.c 2.b), i.e. IMO

have been introduced. Thus, together with the converse relation of CoSch and
CrSch,

CoSch® = (a.3 c.1 b.2), i.e. IMO
CtSch® = (b.2 c.1 a.3), i.e. OMI,

we have all 6 order types of triadic semiotic relations:

(3a2blc x (c.1b.2a3) IOM x MOI (1)
(Balc2b) x (b2clal) IMO x OMI (2)
2blc3a) x (a3clb.2) OMI x IMO (2°)
2b3alc x (c.1a3b.2) OIM x MIO (3)
(1c3a2b) x (b.2a3cl) MIO x OIM (3°)

and thus all possible permutations of a sign class and its reality thematic.

2. According to Kaehr (2009, p. 8), the main diagonal of the 3-contextural semiotic
matrix 1s

(3.3252.212 1.115)

71



and the main diagonal of the 3-contextural semiotic matrix as a fragment of a 4-
contextural matrix is

(3.32,3,4 2.2124 1.11,3,4).
Therefore, we have to redefine a sign class with inner semiotic environments as
SCl+ = (B.aape 2.baes 1.coni), with a, ..., i € {D, 1, 2, 3, 4}

However, in addition to the 6 permutations of a sign class, we get now 6
permutations of each sub-sign of each sign class:

(X.¥)abyc
(X.Y)ach
(X.Y)bac
(X.¥)bca
(X.¥)eab
(X.¥)cba,

withx,y € {1,2,3} and a, b, c € {J, 1, 2, 3, 4}.

Since each of the 3 sub-signs of a sign class can appear in 6 permutations, we get,
purely theoretically, 6 = 216 permutations of inner semiotic environments per sign
class. However, only the genuine sub-signs (identitive morphisms) (1.1), (2.2), (3.3)
have 3 indices unequal to, and they appear only in the following 6 sign classes:

(3.12.1 1.1) (3.12.21.2) (3.32.21.1)
(3.12.21.3)
(3.22.21.2)
(3.22.21.3),

so that we have a total of 6 times 216 = 1’296 sign classes. Further, the remaining 4
sign classes have 2 indices, so they can appear in only 6 times 2° = 48 combination,
which yields 4 times 48 = 192 sign classes. Thus, the total is 1’296 + 192 = 1’488
combinations of permutations of sign classes plus inner semiotic environments. If
we further add the dual reality thematics, we have at the end 2’976 combinations of
semiotic dual systems, which of course go far beyond the representative power of
the system of the classical 10 Peircean sign classes.

3. Let us take, for the sake of simplicity, as an example the 4-contextural Peircean
sign class

(3134 2114 1.352).
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The 6 permutations with constant semiotic environments are

(3154 2114 1.354)
(3154 1354 2.114)
(2114 3154 1.334)

Now, each of these 6 permutations can be permutated again to 2° = 8 combinations

(2114 1.354 3.154)
(1.354 3154 2.114)
(1.354 2114 3.154)

of inner semiotic environments:

(3154 2114 1.334)
(3154 2141 1.334)
(3154 2114 1.343)
(3154 2141 1.345)

(3154 1.354 2.114)
(3154 1.354 2.141)
(3154 1.343 2.11.4)
(3154 1.343 2.141)

(2114 3154 1.334)
(2141 3.154 1.334)
(2114 3154 1.343)
(2141 3.154 1.343)

(2114 1.334 3.154)
(2141 1.334 3.154)
(2114 1343 3.154)
(2141 1.343 3.134)

(1.354 3154 2.11.4)
(1.354 3154 2.141)
(1.343 3154 2.114)
(1.343 3154 2.141)

(1.354 2.1143.152)
(1.354 2.1413.152)
(1.343 2.1143.152)
(1.343 2.1413.152)

(3.1453 2114 1.354)
(3.143 2.141 1.359)
(3.143 2114 1.345)
(3.145 2.141 1.345)

(3.1451.354 2.114)
(3.145 1.334 2.141)
(3.1453 1.345 2.11,4)
(3.1453 1.345 2.141)

(2.11,4 3.145 1.354)
(2.141 3.143 1.354)
(2.114 3.143 1.345)
(2.141 3.145 1.345)

(2114 1354 3.145)
(2141 1354 3.145)
(2114 1.343 3.143)
(2141 1.345 3.143)

(1354 3.145 2.11.4)
(1354 3.143 2.141)
(1345 3.145 2.114)
(1343 3.145 2.141)

(1.354 2.11,43.145)
(1.354 2.141 3.145)
(1.345 2.11,43.145)
(1.345 2.1413.145)

However, these 48 permutations of the original sign class (3.154 2.114 1.354) must be
assigned a semiotic interpretation, since, unlike, e.g., in the case of the negation cycles
in polycontextural logic, in semiotics, we deal with meaning and sense and not
exclusively with the sign as a medium. In order interpret the combinations of inner
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semiotic environments, we can recur to Guinther’s logical-semiotic triadic sign model
(1976, pp. 336 ss.), in which we have the following correspondences:

M = (.1.) — objective subject (0S)
O =(.2.) —> objective object (0O)
I=(3.) —> subjective subject (sS)

Additionally, in Toth (2008b, passiz), the still lacking combination of subjective

object was ascribed to the “quality” of Zeroness (for motivation cf. Kronthaler
1992):

Q=(.0.) —> subjective object (sO)
In Kaehr’s contextuated semiotic matrix (2009, p. 8), Fourthness (.4.) stands for what

we have introduced as Zeroness (.0.). Therefore, if we use the above abbreviations
for the logical-semiotic functions, we can rewrite our 48 combinations of the sign

class (3.134 2.114 1.35,4) as follows:

(3.1ss,50 2.10s50 1.3 s550)
(3.1s50 2.150,08 1.355,50)
(3.1s50 2.1 0550 1.3505)
(3.1ss50 2.150,05 1.350, ss)

(3.1 550 1.3550 2.1 6550)
(3.1s50 1.3550 2.150, 08)
(3.1s50 1.350, 55 2.1 05,50)
(3.1ss50 1.350,s5 2.150, 05)

(2.1 6550 3.1 550 1.3 55,50)
(2.150,08 3.1 550 1.3 s550)
(2.1 6550 3.1 550 1.350s5)
(2.150,08 3.1 550 1.350, s5)

(2.1 0550 1.3 550 3.1 s550)
(2.150,08 1.3 550 3.1 s550)
(2.1 050 1.350,ss 3.1 s550)
(2.150,08 1.350,s5 3.1 s550)

(1.3s50 3.1 550 2.1 05,50)
(1.3 5550 3.1 550 2.150, 05)
(1.350,ss 3.1 550 2.1 05,50)
(1.350,ss 3.1 5,50 2.150, 05)

(3.1s0,ss 2.1 0550 1.3 s550)
(3.150,ss 2.150,08 1.3s550)
(3.150,55 2.1 0550 1.350 s3)
(3.1s0,ss 2.150,08 1.350, ss)

(3.150,ss 1.3 550 2.1 65,50)
(3.150,ss 1.3 550 2.150, 08)
(3.150,ss 1.350,ss 2.1 05,50)
(3.1s0,ss 1.350,ss 2.150, 08)

(2.1 6550 3.150,ss 1.3 s550)
(2.150,08 3.150,ss 1.3 s550)
(2.1 050 3.150,ss 1.350, s5)
(2.150,08 3.150,ss 1.350, s5)

(2.1 6550 1.3s50 3.150, )
(2.150,05 1.3 550 3.150,3)
(2.1 6550 1.350,ss 3.150, s)
(2.150, 05 1.350,ss 3.150, ss)

(1.3 550 3.150,ss 2.1 05,50)
(1.3 50 3.150,ss 2.150, 08)
(1.350,ss 3.150,ss 2.1 05,50)
(1.350,ss 3.150,ss 2.150, 08)
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(1.3 5550 2.1 0550 3.1 s550) (1.3 550 2.1 0550 3.150, 55)

(1 3 sS,sO 2-15(), oS 31 sS,s()) (1 3 sS,sO 2-15(), oS 3-15(), SS)
(1 -350, sS 21 0S,sO 31 sS,sO) (1 -350, sS 21 0S,s0O 3-150, sS)
(1 -35(), sS 2-15(), oS 31 sS,s()) (1 -35(), sS 2-15(), oS 3-15(), SS)
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A poly-contextural view on eigenreality (= NETS, 6)

1. According to Bense (1992), amongst the 10 Peircean sign classes and reality
thematics, there is just one sign class, whose dual reality thematic is identical with the
sign class:

x(3.12213)=(3.1221.3)

For the other 9 sign classes, we have

x(3.a2.b 1l.c) # (3.a2b 1.c) with a, b, c € {1, 2, 3},
f. ex.

x(3.12.11.3)=(3.11.21.3).

However, as has been pointed out earlier
(3.1) # x(1.3), (1.3) # x(3.1)

and even

(2.2) # x(2.2) (Kaehr 2009, p.12),

which means that there is a semiotic difference between the rhema and the dualized
legi-sign and between the legi-sigh and the dualized rhema, as well as between the
dualization of genuine sub-signs (identitive morphisms). This is, by the way, already
a result from Bense’s use of the M6bius band as a model for the eigenreal sign class:
one turn, and one is at the same place, but on the opposite side of the ribbon.
However, the consequences of this fact have not been taken care of in semiotics up
to know.

2. Using Kaehr’s polycontextural-semiotic 3-matrix, things get quickly clearer. So,
the eigenreal sign class appears in the form

(3152215 1.35) = (3.13 2.221 1.39),

i.e.
(3.15 2.212 1.35) # (3.15 2.221 1.33),

although in 3 contextures, the differences between x(3.1) and (1.3), and x(1.3) and
(3.1), respectively, do not come out yet. However, if we take 4 contextures (and thus
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triadic semiotics as a fragment of a 4-contextural semiotics, cf. Toth 2003, pp. 54 ss.),
we get

X(3.13,4 2.21,2,4 1.33,4) = (3.14,3 2.24,2,1 1.34,3).

The result: In all semiotic contextures > 1, there is no eigenreality. As a matter of
fact, there is not even eigenreality in the contexture 1, because of the semiotic

difference between between x(3.1) and (1.3), and x(1.3) and (3.1), and possibly (2.2)
and (2.2) — although identity still holds in a 1-contextural semiotics.

2. However, as it was pointed out already in Toth (2008), it is possible to produce
eigenreality artificially. However, in the case of 4-contextural

(3154 22124 1.334),
we have two two-digit indices and one three-digit index. It follows, that we need two
operators to produce eigenreality on the level of inner semiotic environments.

Operators that work on two-digit indices are binary, like negation in logic, so they
cause no problem. For our purpose, we can use Bense’s operation of dualization:

x[3,4] = [4,3].
However, x is only capable of converting the order of a whole sequence of indices:
x[1,2,4] = [4,2,1],

but x cannot produce [1,4,2], [2,1,4], [2,4,1], and [4,1,2]. Therefore, we rename the
dualization operation “X;” and define x> as trialization, moving the last digit of a
sequence of indices to the beginning of the sequence, f. ex.

X2[1>234] - [49132]
Then, we obtain, e.g.
x1(124) = (421), x1(421) = (124), i.e. x1x1(124) = (124)

Xo(124) = (241), X2(241) = (412), x2(412) = (124), 1.e. x2X2x2(124) = (124)
X1x2(124) = (142)

xox1(124) = (214)

X1X2x2(124) = x2x1(124)

XoXox1 = X1x2(124)

X1X2x1(124) = x1x2(124)
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Xox1X2(124) = (421), and so on.

Therefore, we can now produce all 6 permutations of a three-digit sequence like

[1,2,4] by aid of the dualization x; and the trialization X». Since we are up to artificially
produce eigenreality, the question is: How can we produce [1,2,4]?

Because of x1 (2.2124) = (2.2421), we need odd cycles of trialization. However, for
(3.1) and (1.3), dualization (with even cycles) is sufficient. What we thus have to
introduce are field restrictions (cf., e.g., Menge 1991, pp. 141, 151) for the two classes
of operators:

X1X1 [3.13,4, 1.33,4], ><1><2><2[2.21,2,4] (3.13,4 2.21,2,4 1.33,4) = (3.13,4 2.21,2,4 1.33,4)
X1X1 [3.13,4, 1.33,4], ><2><2><2[2.21,2,4] (3.13,4 2.21,2,4 1.33,4) = (3.13,4 2.21,2,4 1.33,4)

Therefore, these are the two easiest ways to produce eigenreality by aid of 1 binary
and two ternary operators. Concluding, note that by aid of the method presented in
Toth (2008), it 1s possible to turn every sign class into an eigenreal sign class — as
long as inner semiotic environments are not been taken into account. However, by

aid of the two operators xi and Xa, it is possible to turn all those sign classes into
eigenreal sign classes which contain a genuine (identitive) sub-sign, thus six of the
ten Peircean sign classes. For the other four sign classes, things are even easier, since
there we have to deal solely with two-digit indices for which we do not need
trialization. Thus, the first conclusion of this study (together with Toth 2008) is that
every sign class, mono- or poly-contextural, can be turned into an eigenreal sign class.
However, this result goes hand in hand with the second conclusion that eigenreality
is an artificial and superfluous semiotic feature which has no relevance at all.
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Semiotic contextural values (= NETS, 7)

1. Semiotics is a system, which is practically exclusively based on ordinal numbers.
For example, the triadic relation is based on the concept of prime-signs in which the
generative semiosic relation parallels the successor relation of Peano numbers (cf.
Bense 1975, pp. 168 ss.; 1983, pp. 192 ss.). However, in 1980, Angelika Karger
introduced a measure into semiotics based on cardinal numbers, the representation
values. The representation value of any semiotic relation is calculated simply by
adding the values of the prime-signs of which the relation is constructed, f. ex.

RV(2.1) =RV(1.2) = 3
RV(3.1221.3) = RV(3.2221.2) = 12
RV(3.3231.3) = 15

Of course, the dual reality thematics of the sign classes as well as their permutations
have the same representation value.

2. In this paper, I want to introduce a second semiotic measure based on cardinal
numbers, the contextural values. According to Kaehr (2009), each sub-sign of the

semiotic 3x3-matrix can be assigned a contextural index. The mapping of contextural
indices to sub-signs is bijective; dual sub-signs get the same contextural index.

However, the indices vary according to the contextures. E.g., the semiotic 3x3-matrix
can be given for 3 or 4 contextures:

3-contextural 3x3-matrix:

(1113 1.2 1.35 A
2.11 2.212 2.3,
30 3.2, 3325

4-contextural 3x3-matrix
r N
1.11,3,4 1.21,4 1.33,4

2114 22104 2.304

3.134 3.204 3.3234

We now define the contextural value (CV) of a semiotic relation as the sum of the
contextural indices of this relation, f. ex.
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CV(1.1) = 1+3+4 =8
CV(12) =CV@R1)=1+4=5
CV(3.12213) =21

3. We can now compare the representation and the contextural values for all 10
Peircean sign classes. We will assume as basis the 4-contextural 3x3-matrix:

B.ls4 2114 1.214) Kw=17 Rpw =10
(3.13,4 2.11,4 1.33,4) Kw =19 RpW =11
(3.13,4 2.21,2,4 1.21,4) Kw =19 RpW =11
(3.13,4 2.21,2,4 1.33,4) Kw =19 RpW =12
(3224 2354 133 Kw=19 Rpw=14
(3.22,4 2.21,2,4 1.21’4) Kw =18 RpW =12
(3.13,4 2.11,4 1.11,3,4) Kw =20 RpW =9
(3134 2324 1334 Kw=20 Rpw=13
(3224 22124 133 Kw=20 Rpw=13
(3.32,3,4 2.32,4 1.33,4) Kw =22 RpW =15

We can now display the interrelationship between the representation and the
contextural values for the 10 sign classes in the following diagram:

CV
22

20

18

17 RV

9 10 11 12 13 14 15

Although there is no eigenreality in a poly-contextural semiotics (cf. Toth 2009) and
thereby no direct connection between the “complete object” (3.2 2.2 1.2) and the
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“esthetic object” (3.1 2.2 1.3), as it has been pointed out in Bense (1992), there seems
to be a connection between these two sign classes due to the fact that they are the
only two sign classes, which have the same representation value, but lie in two
different contextures.
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Reference in poly-contextural semiotics (= NETS, 8)

1. Semiotic reference has already been treated thoroughly in Toth (2008a, b), but in
a strictly mono-contextural semiotic frame. In this paper, I will use poly-contextural
semiotics as introduced by Kaehr (2009) and in other papers.

2. The basic idea of turning mono-contextural into poly-contextural semiotics is the
notion of inner semiotic environment. Every sub-sign of the semiotic matrix, an
environment in the form of contextural indices is assigned. Dual sub-signs get the
same indices as long as they are in the same matrix. In Toth (2009), it was shown
that in a 4-contextural semiotics, the 4 contextures can be ascribed, on the basis of
Ginther (1976, pp. 336 ss.), to the four combinations of subject and object in a 4-
contextural logic:

M= (1)= objective subject (0S):  thou/you

O =(.2)= objective object (00): it

I=(3.)= subjective subject (sS): me/we

Q= (4.)= subjective object (sO):  he, she/they

However, from the 4! = 256 possible combinations of these logical-semiotic

relations, in a 4x4 4-contextural semiotic matrix, only 16 are semiotically represented:
1.1154 1.213 1.314 1.454
2.1],3 2.21,2’3 2.31,2 2.42,3

3.114 3212 3.3124 3.404

4.15.4 4.2 4.324 4454

Therefore, we can write the semiotic in form of the semiotically represented logical-
semiotic relations:

0S/sS/sO 0S/sS 0S/sO sS/sO
0S/sS 0S/00/sS 0S/00 00/sS
0S/sO 0S/00 0S/00/sO 00/sO
sS/sO 00/sS 00/sO 00/sS/sO

Therefore, the 35 possible tetradic sign classes (cf. also Toth 2007, pp. 216 ss.)
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4.13.12.11.1)
(4.13.12.11.2)
(4.13.12.11.3)
(4.13.12.11.4)

(4.13.1221.2)
(4.13.1221.3)
(4.13.12.21.4)

(4.13.1231.3)
(4.13.12.3 1.4)

(4.1 3.1 2.4 1.4)
(423.2221.2)
(4.23.2221.3)
(4.23.2221.4)

(4.23.2231.3)
(4.23.223 1.4)

(4.23.22.41.4)

(4.33.3231.3)
(4.33.32.31.4)

(4.13.22.21.2)
(4.13.22.21.3)
(4.13.22.21.4)

(4.13.22.31.3)
(4.13.22.3 1.4)

(4.13.22.4 1.4)

(4.23.32.31.3)
(4.23.32.3 1.4)

(4.23.3 2.4 1.4)

(4.33.3 2.4 1.4)

(4.13.3231.3)
(4.1 3323 1.4)

(4.13.3 2.4 1.4)

(4.23.42.41.4)

(4.33.42.41.4)

(41342414

(4.4 3.4 2.4 1.4)

can be rewritten, in a first step, as classes of semiotic indices (of inner environments)

(3,41,41,31,3,4)

(341,413 1.3)
(341,413 14)
(3,4 1,413 3.4)

(3,4 1,41,2313)
(3,4 1,41,2,31,4)
(3,4 1,41,2,3 3.4)

(3,4 1,21,231,3)
(3,4 121,2,31.4)
(3,4 1,21,2,3 3.4)

(3,41,41,214)
(3,41,41,234)

(34121,214)
(3,4 1,21,23.4)

(341,241,214
(3,41,241,234)

(3,41,42334) (3,41,22334) (3,41,242334) (3,42,42334)
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(3,21,21231,3)
(3,21,21231,4)
(3,21,21,2,3 3.4)

(2121214 (321241214)
(32121234 (321241,234)

(32122334) (321242334) (32242334)

2,41241214)
241241234) (241242334) (24242334) (234242334

and in a second and last step as classes of logical-semiotic relations

(sS,50 08,50 08§,sS 0§,sS,50)
(sS,50 05,50 0S,sS 0S,sS)
(sS,50 08,50 08S,sS 0S,50)
(sS,50 08,50 08,sS sS,50)

(sS,50 0§,50 0S,00,sS 0S,sS) (55,50 05,00 0S,00,sS 0S,sS)
(sS,50 08,50 0S,00,sS 0S,50) (55,50 05,00 0§,00,sS 0S,s0)
(sS,50 0§,50 0§,00,sS s5,50) (55,50 05,00 0§,00,sS sS,50)

(sS,50 08,50 08,00 08S,50) (sS,50 08,00 08,00 08§,s0)
(sS,50 08,00,50 08,00 08§,s0)

(sS,50 05,50 085,00 sS,s0) (sS,5s0 08,00 08,00 s§,50)
(sS,50 08,00,50 08,00 s§,50)

(sS,50 08,50 00,8 sS,50) (sS,50 08,00 00;sS sS,50)
(sS,50 08,00,50 00,sS sS,50) (55,50 00,50 00,sS sS§,50)

(sS,00 085,00 08,00,sS 0S,sS)
(sS,00 08,00 08§,00,sS 0S,50)
(sS,00 0S,00 085,00,s8S sS,50)

(sS,00 0S,00 08,00 0S,50) (sS,00 08§,00,50 08§,00 0S,50)
(sS,00 0S,00 08,00 sS,50) (sS,00 08§,00,50 085,00 sS,s0)

(sS,00 0§,00 00,sS sS,50) (sS,00 0§,00,50 00,sS sS,50)
(sS,00 00,50 00,sS sS,50)

(00,50 08§,00,s0 08,00 08§,s0)
(00,50 0§,00,50 0§,00 s§,50) (00,50 08,00,50 00,sS sS,50)



(00,50 00,50 00,sS s5,50)  (00,55,50 00,50 00,sS sS,50)

These 15 sets of logical-semiotic relations thus show all possible types of reference

that are poly-contextural-semiotically represented in a 4-contextural semiotic 4x4-
matrix. In other words: The 15 sets contain all those types of crossings of the
contextural-borders between subject and object which can be represented in a 4-
contextural semiotics capable of handling the 4 types of subject-object combinations
of a 4-contextural logic.
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Matching conditions for fundamental categories (= NETS,
)

1. In Toth (2008, pp. 20 ss., pp. 51 ss.), I have given extensive lists of matching
conditions of pairs of triadic sign relations. However, all these examples are
monocontextural. Meanwhile, Rudolf Kaehr has added polycontextural matching
conditions (Kaehr 2009). In the present article, I will suggest as a third possibility
matching conditions for fundamental categories based on contextural values

introduced in Toth (2009).

2. If we start with the 3-contextural 3x3 matrix

(1113 1.24 1.35 A
2.1 2215 2.3,
30 3.2, 3325

we recognize that we can write this matrix as a matrix of the contextural values of

the respective sub-signs

Therefore, we get

M(1.2) = O*1(2.3)
M(1.2) = I"'(3.2)
M(1.2) = M*%(1.3)
M(1.2) = I2(3.1)
M(1.2) = M*(1.1)
M(1.2) = IT*(3.3)

O(2.3) = M*1(1.3)
0(2.3) = 0*1(2.2)
02.3) = I''(3.1)
O(2.3) = M*(1.1)
0(2.3) = 1*3(3.3)

(4 1 3 )
1 3 2
3 2 5

G J

0(2.3) = M(1.2)
1(3.2) = M(1.2)
M(1.3) = M(1.2)
1(3.1) = M2(1.2)
M(1.1) = M3(1.2)
1(3.3) = M*(1.2)

M(1.3) = O'1(2.3)
0(2.2) = O1(2.3)
1(3.1) = O(2.3)
M(1.1) = O2(2.3)
1(3.3) = O3(2.3)
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M(1.3) = M*!(1.1) M(1.1) = M(1.3)

M(1.3) = I"2(3.3) 1(3.3) = M(1.3)
M(1.3) = M*I(1.1) M(1.1) = M'(1.3)
M(1.3) = I2(3.3) 1(3.3) = M%(1.3)
M(1.1) = I"'(3.3) 1(3.3) = M(1.1)

Moreover, we have the following identities of contextural values

M(2.3) =1(3.2)
M(1.3) = O(2.2) = I(3.1)

Thus, the main diagonal of the 3-contextural 3x3 matrix consists of three times the
same contextural values — just as the respective matrix of the numerical prime-signs
consists of three times the same representation values.

3. For the 4-contextural 3x3 matrix

-
1.1134 1.314 1.454
3.114 3.3124 3424

L 4lss 43 4oy

we get exactly the same times of matching conditions, since the contextural values
differ from those of the 3-contextural 3x3 matrix just by adding +4 to each
contextural value. Therefore, contextural values are not only independent of all kinds
of transpositions of a semiotic matrix and thus of dualization and permutation, but
they are also independent of embedding a n-contextural mxm-matrix into any n+k
mxm-matrix (k 2 1).
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Some instances of qualitative preservation (= NETS, 10)

1. The German psychiatrist and writer Oskar Panizza (1853-1921) is a late
representative of the radical subjectivist idealism, which has probably found its peak
in Stirner’s work (cf. Wiener 1978, Toth 1997). Panizza accepts the difference
between outside and inside world solely as a working hypothesis. For him, thinking
is hallucination, and experience is illusion (Panizza 1895, p. 21). According to him,
there are no dichotomies such as Outside and Inside, Thinking and Experience,
Subject and Object, etc. (1895, p. 30). However, when he is forced to explain the
origin of hallucination, transcendence comes through the backdoor again in his
philosophical building: “Therefore, I put the demon at the border, where I do not
tind anymore a causa, but ask for a causa, thus for a transcendental causa (...). Hence,
the demon is a factor, won by necessity out of transcendence, in order to explain my
thinking on This Side, which is equipped with the need of causality, and the world
of appearance, connected to it. Even clearer, Panizza states later: “The demon (is)

something from the Beyond” (1895, p. 27).

However, for Panizza, the demon is not only the “creative principle of the illusionist
act” (1895, p. 48), but, at the same time, also “whatever comes across me in nature,
after subtracting the effect of my senses” (1895, p. 49), i.e. the Thing per se. “And
herewith, we have explained and constructed the “Thing per se’, however, only what
concerns illusionism, experience. But here alone I encounter the question for
explaining the “Thing per se’ — the question what remains after subtracting my senses
from the Outer World. From the standpoint of my thinking, there is no “Thing per
se’, since from here, the entire Outer World is illusion. But in the area of illusion, at
least, I may apply my recognition, won on the standpoint of thinking, and I may call
the ‘per se’ of my vis-a-vis, what last on him after 7y senses have been subtracted, -
Demon” (1895, pp. 48 s.). In another place, Panizza calls the demon “ghost” (1894,
p- 49). Thus, life appears as “haunting” (1895, p. 50), and one is remembered to the
tamous passage in Stirner: “Everything, which appears to you, is but the appearance
of an intrinsic ghost, a ghostly appearance. For you, the world is just a world of
appearance behind which the ghost itself is haunting. You see ghosts” (Stirner ap.
Bauer 1984, p. 406).

On this background, Panizza formulates a semiotic paradox, which has hardly been
recognized by now: “Only Death puts an end to this haunting. And end for me, since
everything points out that I, my thinking, knows nothing, that my corpse — an
illusionist product — lies there stinking,  performance for the Others. The demon retires,
he stops his creative acts. And the hull, the mask, rots visibly in the illusory pleasure
— of the Others, the survivors. That no rest, no rest of thinking — as far as human
experience reaches — remains from me, must us, so eagerly searching for
‘preservation of power’, make aware that something goes down the drain, as one
says, - where? Something, my thinking, goes where? And the mask rots before our
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eyes. It mixes into the mass of the other illusory products. It works out without rest
— for our illusory view. We calculate it in nitrogen and oxygen, and the calculation
works out. Inside of the world of appearance, nothing is lacking. However, the
thinking, fighters for the Principle of Preservation of Power, where does the thinking
go to? (1895, pp. 50 s.).

2. Semiotic preservation of quality as analogue to physical preservation of power can
only work in a polycontextural semiotics which can bridge the abyss between the
sign and its object (cf. Toth 1998). However, Bense tried to establish a semiotic
“preservation theorem” on the basis of 1-contextural triadic semiotics. As we will
see, this idea turns out to be not as bad as it seems beforehand.

For Peircean Semiotics “an absolut complete diversity of ‘worlds’ and ‘parts of
worlds’, of ‘being’ and ‘Being’ (Sein und Seindes) (...) is principally not reachable for
a consciousness which works over triadic sign relations” (Bense 1979, p. 59).
Nevertheless, consciousness is understood as “a binary functor of being which
produces the subject-object relation” (Bense 1976, p. 27), since Peirce keeps up “the
difference between the object and the subject of recognition in connecting both poles
through their being represented” (Walther 1989, p. 76). More exactly, “the
representative connection of the sign class also indicates the epistemological subject,
the realizational connection of the object thematic also indicates the epistemological
object” (Gfesser 1990, p. 133). “In this way, we stipulate an intrinsic (i.e., non-
transcendental) notion of recognition, whose essential process lies in de facto
differentiating between (recognizable) ‘world” and (recognizing) ‘consciousness’, but,
though, in producing a real triadic relation, the ‘relation of recognition™ (Bense 1976,

p. 91).

Thus, “in the end, thematics of Being cannot be motivated and legitimated other
than via sign thematics” (Bense 1971, p. 106). It follows, “that notions of object are
only relevant with regard to a sign class and possess a semiotic reality thematic which
can be discussed and judged as its connection of reality only relatively to this sign
class (Bense 1976, p. 109). Therefore, sign class and reality thematic do not behave
like ‘platonic’ and ‘realistic’ concepts of Being, but just like the extreme entities of
the one and only identical thematic of Being” (Bense 1976, p. 85). Hence, to a sign
relation and its reality thematics, there belongs also “the difference between ‘onticity’
and ‘semioticity”” (Bense 1979, p. 19), about which a theorem of Bense orients: “With
increasing semioticity, onticity of representation increases, too” (Bense 1970, p. 60).
On this background, Bense formulates his “semiotic preservation theorem”:

“Especially, in this connection, the dual relation of symmetry between the single sign
classes and their corresponding reality thematics has to be pointed out. This relation
of symmetry says that one can, in principle, represent meta-semiotically only that
‘reality’ or those relationships of reality, which one can represent semiotically.
Therefore, the representaton values (i.e. the sums of the fundamental prime-sign
numbers) of a sign class are invariant towards the dual transformation of a sign class
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into its reality thematic. This semiotic ‘preservation theorem” can be regarded as a
consequence of a theorem that had been already formulated [in Bense 1976, pp. 60,
02, v.s.] and which says that with increasing semioticity of representativity also its
onticity increases in the same degree” (Bense 1981, p. 259).

3. Thus, on the first sight, Panizza’s paradox cannot arise in a semiotic metaphysics
built on triadic Peircean semiotics, since Bense semiotic “preservation theorem”
implies that “media, object and interpretant of a sign lie in one and the same world”
(Gfesser 1990, p. 139). Max Bense himself had seen already very early: “Being (das
Seiende) appears as a sign, and signs survive in the purely semiotic dimension of their
meanings the loss of reality” (1952, p. 80). In consequence, the concepts of Panizza
and of Bense are principally different. Panizza’s metaphysics is transcendental
because of the notion of the demon. It is aprioric, because the demon is identified
with the thing per se. Further, as an illusionist concept, it is platonic. On the other
side, Peircean semiotics is a “non-transcendental, a non-aprioric and a non-platonic

organon” (Gfesser 1990, p. 133).

Due to the identification of the modal categories with the prime-numbers (cf. Bense
1980) and because of the paralleling of the semiosic relation of generation with the
successor relation of Peano numbers (Bense 1975, pp. 168 ss.; 1983, pp. 192 ss.), the
10 Peircean sign classes are primarily quantitative relations. Therefore, sign classes
cannot preserve the qualities, which they are representing, at least not outside of the
narrow representative frame of the 10 sign classes. In other words: All qualities of
the ontological space, which do not fit into the Bed of Procrustes of the 10 sign
classes, must be lost. On the other side, Bense’s “preservation theorem” holds, but
simply because reality appears thematized and thus represented in reality thematic
which itself is a pure function of the corresponding sign thematic, and vice versa.
Therefore, semiotic dual systems span up representation schemes in which the
monocontextural subject-object dichotomy holds, but also epistemological objects
can only be represented in the reality thematics as dual sign classes and therefore
subject to the subjects of the interpretant relations of the sign classes. Sign classes do
not reach their objects, and neither do reality thematics. The distinction between sign
classes and reality thematics is just a formal doubling of the semiotic representation
scheme which allows some further technical insights in the thematization structures
of signs — and not more.

4. Polycontextural semiotics exists only since Kaehr (2009, and further studies). If
we assume the sign being a triadic relation as a fragment of 4 contextures, we can
write the 10 Peircean sign classes as follows:

(3.1342.11,41.21,4) CV =17
(3.1342.11,41.334) CvV=19
(3.1342.21241.21,4) CV =19
(3.1342.21241.334) CV =19
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(3.2242.3241.334) CvV=19

(3.2242.21241.21,4) CV =18
(3.1342.1141.1134) CV =20
(3.1342.3241.354) CV =20
(3.2242.21241.334) CV =20
(3.323,42.3241.334) CV =22

Since every sub-sign lies in at least 2 contextures, qualitative conservation is possible,
and since these sign classes thus represent both quantities and qualities, they are no
longer purely quantitative, but quanti-qualitative or quali-quantitative sign classes.

4.1. First, we want to look if Bense’s monocontextural preservation theorem also
holds for polycontextural sign classes. If we take as an exampe

(3.2242.21241.334) x (3.143 2.2421 2.342)

Although the sub-signs of the “reality thematics” contain now hetero-morphisms,
the respective contextural “indices” are preserved as the sub-signs are, and also the
contextural values of both “sign class” and “reality thematic” are identical. We may
therefore say, that Bense’s preservation theorem, although conceived for
monocontextural semiotics, holds for polycontextural semiotics, too.

4.2. As the above grouping of the ten sign classes suggests, be have two groups of
sign classes that have identical contextural values:

(3.1542.11,41.354) CV =19
(3.1342.21241.214) CV =19
(3.1342.21241.334) CV =19
(3.2242.3241.334) CV =19
(3.1342.1141.1134) CV =20
(3.1342.3241.354) CV =20
(3.2242.21241.334) CV =20

We are thus allowed to say that sign classes and reality thematics which have the
same contextural values, are quanti-qualitative/quali-quantitative representation
preserving schemes.

4.3. However, we also have 2 sign classes which have the same representation value,
but lies in 2 different contextures:

(3.1342.21241.334) CV =19 RV =12
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(3.2242.21241.214) CvV=18 RV=12

These two sign classes play a crucial role in monocontextural semiotics (cf. Bense
1992), since the second is the sign class of the “complete object” and the first is the
sign class of the “esthetic object” which is characterized by “augmentation of Being”
(Seinsvermehrung), cf. Bense (1992, p. 16). What differentiates an object from an
esthetic object, is called “Mit-Realitit” by Bense (1979, p. 132). Mitreality is what
causes the augmentation of Being, and it seems that the differential of eigenreality
qua mitreality and (objective) reality is represented by polycontextural semiotics

through the difference of the CVs: A(19, 18) = 1.

4.4. Finally, there is another fact that requires our interest: While 9 of the 10 sign
classes can be ordered by increasing CV’s in steps of +1, there is not sign class whose
CV = 21. In other words: The last sign class (with maximal semioticity, v.s.),

(3.323,42.3241.334) CV =22

cannot be reached from the other sign classes by one-step addition of CV’s. Hence,
this sign class which represents the totality of all signs in the semiotic universe,
cannot be “deduced logically” from the sentences represented semiotically by the
other 9 sign classes — as meta-logical sentences cannot be deduced without creating
paradoxes in classical logic according to the Gédel theorems. One also should note
that simply from the (monocontextural) representation values, this problem does not
appear, since the 10 sign classes can be mapped to the RV’s 10 to 15 without any
gaps of RV’s.
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2- and 3-dimensional display of triadic sub-signs in 4-
contextural semiotics (= NETS, 11)

1. As a provisory model for semiotic contextures in 2 dimensions, the Cartesian
Coordinate System had been introduced into semiotics by Toth (2001, 2008a).
Instead of marking the sub-signs of the triadic semiotic matrix by algebraic signs
((a.b), (-a.b), (-a.-b), (a.-b)) for the 4 quadrants of the Gaussian number field
(counterclockwise), we start with Kaeht’s 4-contextural triadic matrix (Kaehr 2009a,
p. 8):

~

1.11,3,4 1.31,4 1.43,4

3.114 3.3124 3424

4.15.4 4.324 44554

~

and display the distribution of the 9 sub-signs over the 4 semiotic contextures that
we assign to the 4 quadrants

33| (2 T
23) | @2 T el | @2
—+ anl| a2
| | | | | |
(1.3) anl| T anl a2 @3
T en eyl @3
(3.3) G T Gl (32 |33
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The sub-signs in frames of the same colors obey the matching conditions in
connection with semiotic decomposition (cf. Kaehr 2009b).

The above coordinate system also gives a good picture of the structure of sign classes
that lie in more than one contexture, extensively studied in Toth (2008a, pp. 82 ss.).
In the following, we display only the three main sign classes, i.e. (3.1 2.1 1.1), (3.2 2.2
1.2), (3.32.31.3).

<1.3> (3.2)
23) 22
A
| |
| |
Y
al3) .y [+ 1) 1.2 (1.3)
- 21D (22 2.3)
(3.3) 31 T 31 (32 (3.3)

As one recognizes, no contextural transgressions are necessary for contexture 4.

2. Another possibility of displaying the distribution of the sub-signs over contextures
is the 3-dimensional sign-cube of Stiebing (1978), which has been used in a series of
papers by me (f. ex., Toth 2009). If we assign contextures to semiotic dimensions,
however, we need a 3-dimensional, but 4-leveled cube. Again, we show for an
example the three main sign classes:
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4.3.3 42.3 4.1.3

832 ‘/1 2.0 4.1.2
<% £ >l
' 33 3.1.3
]
]
34 | 1
]
3.3 3
2 2
\ |
N
1.2.2 11
>
1.2.1 111

This 3-dimensional model has the advantage that the semiotic connections between
the same sub-signs in different contextures can be illustrated easily (in the graph by

dashed lines).

Therefore, parametrization of sub-signs

(a.b) > (a.tb),a, b, c € {1, 2, 3}

and dimensional projection of sub-signs

(a.b) > (ab.c),bc e {1,2,3},a € {1,2, 3, ..}

can be interpreted as two ways of displaying semiotic contextures. Therefore, the

models of polycontextural semiotics introduced in Toth (2008a) and (2008b) still

hold after the introduction of polycontextural environments into semiotics by Kaehr
(20092, b).
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Semiotic “risky bridges” vs. “spagat” in 4-contextural
tetradic semiotics (NETS, 12)

1. Although — as Rudolf Kaehr has pointed out in a recent publication — the notion
of “diamond” plays a crucial role in polycontextural theory since a long time, the first
concise introduction into a formalized theory of diamonds goes back to Kaehr
(2007). In Toth (2008), I had used the concept of diamond for semiotics, however
still strictly based on 1-contextural 3-adic Peircean semiotics. Meanwhile, 3- and 4-
contextural 3-adic semiotics have been applied in a new book (Toth 2009). After it
has shown how incredibly big the increase of structural complexity is already in 4-
contextural 3-adic semiotics, in the present article, I will go a step in the direction of
4-contextural 4-adic semiotics. In doing so, it shows that besides the elementary
notions of diamond theory — morphisms and heteromorphisms — a quite new
concept of semiotic connection between semiotic dyadic sub-signs shows up which

has been called “risky bridge” by Kaehr (2007, p. 12).

2. In a polycontextural 3-adic diamond

ar e o, rejedonoe
W, e 8 ST / \\
o — ey oo —teqy | |6 ——ey o oy ——ey| PPOP opp
o— ~. \ /
—k
i * acceptance

the middle figure, taken from Kaehr (2007), shows the 2 basic types of semiotic
mappings:

1. the morphism a1 = ®1 and
2. the hetermorphism 4 <— 04

If the above diamond serves as a model for a composition of a sign by its sub-
signs, then the ®’s must be object relations, since

SCI=(M—> 0).0O=>1) > M-I,

thus, the following pairs of morphisms and heteromorphisms are possible in a 4-
contextural 3-adic semiotics:

@2.1)1 = (2.1), 2.1)1 « (2.1)1
@2.1)1 = (2.1)4 2.1)s < (2.1)1
2.1)s = (2.1), @2.1)1 < (2.1)s
2.1)s > (2.1)4 (2.1)s < (2.1)s
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2.2)1 = (2.2)1 2.2)1 < (2.2)1
2.2)1 = (2.2)s (2.2)2 < (2.2)1
2.2)1 = (2.2)s (2.2)s < (2.2)1
2.2)2 = (2.2)1 2.2)1 < (2.2)s
(2.2): = (2.2)s (2.2) < (2.2)s
(2.2)2 = (2.2)s (2.2)s < (2.2)s
2.2): = (2.2)1 (2.2)1 < (2.2)s
(2.2)s = (2.2)s (2.2)s < (2.2)s
(2.2)s = (2.2)s (2.2)s < (2.2)4
(2.3)1 —> (2.3)1 (2.3)1 <— (2.3)1
2.3)1 = (2.3)s (2.3)s = (2.3)1
(2.3)4 —> (2.3)1 (2.3)1 <— (2.3)4
(2.3)4 —> (2.3)4 (2.3)4 < (2.3)4

3. However, if we now take as a model for sign-composition out of sub-signs the
following polycontextural 4-adic diamond, taken also form Kaehr (2007)

o, —t— o

i /'F’ \“'\.
e B L B, 0 e G
it ity Nk Ry

o— oy ooy —t ey 0 oy —eny
w— g
ﬁ-‘_:k—.m‘_

o — oy o oy —S e 0 oo ——eny
i T

I-":'II I:";II ﬂ"_ . wi-

e & LU

I:""r_I‘L_'mr

then we have got a third type of semiotic mapping: “We can bridge the separated
arrows by the arrow (kl), which is a balancing act over the gap, called spagar. 1f we
want to compromise , we can build a 7isky bridge (Igk), which is involving acceptional
and the rejectional arrows” (Kaehr 2007, p. 12).

Let’s take as an example the 4-adic sign class

(3.2221.20.2).

Its composition out of dyads is
32—>22)022->12)0(1.2—->0.2)

In addition to 3-adic sign classes (O = O), here, we must determine the pairs of
morphisms and heteromorphisms also in (M = M).
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Therefore, spagats in 4-adic sign classes are just heteromorphisms like in 3-adic sign
classes, but the new type of risky bridge appearing here is thus

o= (2212
1= (22«32
k= (324« 02)

lok = (324 0.2) 0 22— 1.2) 0 2.2 « 3.2),

where (3.2 <- 0.2) and (2.2 <— 3.2) denote rejection, while (2.2 — 1.2) acception.

By introducing risky bridges vs. spagats into semiotics, it shows again, that diamond
theory offers astonishing new perspectives for sign theory.
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Connections of sub-signs in contextures

For 3-adic semiotics, we have as best choices for polycontextural semiotic matrices
either the 3-contextural or the 4-contextural matrix (cf. Kaechr 2009a, b). Let us start
with the 3-contextural matrix. As one sees, the contextures or inner environments
are scramble the order of the sub-signs in the following matrix:

(114 1.2 1.35 A
2.14 2.212 2.3
| 30 3.2, 3325

If we order horizontally only sub-signs, which lie in the same contexture, we get the
tollowing 3-level system:

K1 (1.1), (1.2) ————"_(2.1), 2.2)
|
K2 2.2), (2.3) T————"(3.2), (3.|3)

K3 (1.1), (13) ——————"" (3.1), (3.3)

There are three types of connections of the sub-signs in this scheme: First, the
connections by inner environments (cf. Toth 2009):

(1.1), (1.2)
2.1), (2.2)
(2.2), (2.3)
(3.2), (3.3)
(1.1), (1.3)
(3.1), (3.3)

Second, the connections by identical sub-signs (static via sub-signs and dynamic via
their corresponding morphisms):

(1.1) 2.2) (3.3)
(1.1) 2.2) (3.3),

hence this kind of semiotic connection exists only between the genuine sub-signs,
L.e. identitive morphisms.

Third, chiastic connections between pairs of converse sub-signs:
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(1.2) x (2.1)
(2.3) x (3.2)
(1.3) x (3.1)

As one sees, both scheme and its types of connections are exhaustive, i.e. they are
sufficient to describe the 3-contextural semiotic 3x3 matrix completely.

If we now proceed to the 4-contextural semiotic 3X3 matrix, we obtain

Kl (1.1), (1.0 ————e—"(2.1), 2.2)
|
K2 2.2), 2.3) ——=—"(3.2), (3i3)

K3 (1.1), (1.3 —— 3.1), (3.3)

_

K4 (L1, (12, (13), (@21,22,23) @1, (32, (33)

Of course, this scheme is exhaustive too, but with an enormous accretion of
structure in K4 and mediating level between K2 and K3, compared to the scheme

of 3-contextural 3x3 matrix.

3. As a marginal note, it has to be pointed out that schemes 1 and 2 have nothing
to do with polycontextural schemes of mediation by decomposition; cf. the
tollowing schema for 3-contextural 3-adic semiotic by Kaehr (2009b, p. 5):

% 3, 2]
The mediation scheme of 5-:-m10t1-:s|\"‘fl

é.s) o
o ]
) i l3.2) e
mediation| Semiotics\™“/ | = o 22)2 —
f \ f \
(1.1)3 — . (33)3

102



Chiastic structure

Order relations ={ (22), — (33);
\ \ ' v

f \ f \
||‘ e ={1.1)3 l
~ \ ’ \ ’
Coincidence relations = {

;“\ /’_ “‘
| (3323 J|3|

\ ’ \ ’

-
-

Forsystems, m=3, n=2, the matru-p':} and s-:h-:-me(3' ) representation coincide

In decomposition schemes like the one above, each of the (3, 2) partial sets of the
(3, 3) full set does not contain the full amount of sub-signs necessary to construct
not only the complete set of the 10 Peircean sign classes, but even one single sing
class, provided that the semiotic law holds that every sign class must consist of 3 sub-
signs which are pairwise different.

3. However, schemes like the two presented here, based on polycontextural
semiotics, show some similarity to the so-called “scheme of sign-intern
superization”, based on monocontextural semiotics and presented by Bense (cf.

Walther 1979, p. 120). Let us first have a look at the scheme from the standpoint of
3-contextural semiotics:

(1.1)

i
(1.2) 1‘~ (1.3) % (/2.3)

22 — (@1 % 3.1)

(32) — (3.3)

Provided the scheme is based on a 3-contextural semiotics, there are the following
contexture borders:

(1.2 ]| 1.35)
(1.35 |1 2.32)
@211 || 3.15)
(3.15 ]| 3.2,)
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However, by transgressing into a scheme with 4 contextures, they are eliminated,
since then we have

(1.214 # 1.334)
(1354 ff 2.324)
2114 3.154)
(B.1aa H 3.224).

Therefore, if we use €(x) for “the set of sub-signs lying in contexture x”, we get for

the 3-contextural 3x3 matrix:

C(1.1) = ((1.1), (1.2), (1.3), (2.1), 2.2), (3.1), (3.3))
€1.2) = ((1.1), (1.2), 2.1), (2.2))
€(1.3) = ((1.1), (1.3), (3.1), (3.3))
C2.1) = ((1.1), (1.2), 2.1), (2.2))
€2.2) = ((1.1), (1.2), 2.1), (2.2), (2.3), 3.2), (3.3))
C2.3) = (2.2), (2.3), 3.2), 3.3))
€3.1) = ((1.1), (1.3), 3.1), (3.3))
€(3.2) = (2.2), (2.3), 3.2), (3.3))
€3.3) = ((1.1), (1.3), 2.2), (2.3), (3.1), 3.2), (3.3),

and we have

1. €@ab) = €((a.b)°)

2.Nn¢Cab) =

3. U€(@.b) =S (S = set of sub-signs)
4. max|€(1, 2, 3, ..., n)| = (n-2).
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Mediation between morphisms and heteromorphisms in
semiotic systems

1. In his new paper, Rudolf Kaehr (2009¢c) has defined the Diamond relation as

follows:

Diamond relation DiamRel:

Re Cat. reSat

(R.1)) = Rei 7 H rel (1)

/

Thus each relation R belongs, qua morphism, to a category, while each relation r
belongs, qua heteromorphism, to a “saltatory”. Morphism and heteromorphism are
not dual, but complementary, and so are category and saltatory.

2. However, in semiotics (cf. Kaehr 2009a, b), the unmediated 2-valued opposition
between morphism and heteromorphism works only with sign classes that are
constructed from 2-adic sub-signs of maximal contexture 3, e.g.:

x(2.1)1 = 2.1)1 “ R(2.1)1 = (1.2)1
X(2.2)1,2 = (22)12 R(2.2)1,2 = (2-2>2,1

(13224

x” means here (monocontextural) dualization, “R” (polycontextural) reflection,
thus dualization changes the order of the prime-signs constituting a sub-sign, while
reflection also turns around the order of the contextures. So far, we have

Morphism: (a.b); = Heteromorphism: (b.a);
Mortphism: (a.b)ij =& Heteromorphisms: (b.a);;

However, already here one possible mediation is lacking:
Morphism: (a.b)ij — ???: (a.b);;

In other words: We need an operation “Y”’, which turns around only the contextures
of a sub-sign, but not the sub-sign itself.
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3. But now let us proceed to 4-contextural 3-adic semiotics. In order to make sure
what we are speaking about, I present here again the 10 Peircean sign classes as 4-
contextural sign classes:

(B.134 2114 11154
(3134 2114 1.214)
(B.lsa 2114 1.339)
(B.134 22104 1.214)
(Blsa 22104 1.334)
(3. 154 2324 1334
(3.224 22104 1.214)
(3224 22104 1.334)
(3.224 2324 1334
(3.325 2324 1.35)

As one sees, the genuine sub-signs (identitive morphisms) lie in 3 contextures, so
that the maximal scheme for 4-contextural 3-adic sign classes is

SC1(4,3) = (3.211,1,1{ Z.bi,j,k 1.Ci,j,1<)

And here now the real problems with the semiotic adaptation of Diamond theory
start:

1. A sub-sign like

(a.b)ijk

as a morphism has no only its heteromorphisms
(@.b)iji,

but also 4 more “mediative” morphisms

(a.b)ikj, (@.b)kjs (a.b)iix and (a.b)jk;

2. By aid of our three operations above, we also get

X(a.b)ijk = (b.2)ijx
X(a.b)kji = (b.a)w;
X(a.b)ikj = (b.a)ik;
X(a.b)kji = (b.a)w;
X(a.b)jik = (b.a)jix
X(a.b)iki = (b.a)jki

R(a.b)ijx = (b.a)ji
R(a.b)i = (b.a)ijx
R(a.b)ix; = (b.a)jxi
R(a.b)i = (b.a)ijx
R(a.b)jix = (b.a)wjj
R(a.b)jxi = (b.a)ix;

Y(a.b)ijx = (a.b)wj;
Y(a.b)ji = (a.b)ijx
Y(a.b)ixj = (a.b)ik;
Y(a.b)iji = (a.b)ijx
Y(a.b)iix = (a.b)w
Y(a.b)ixi = (a.b)ik,
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3. Now, a 3-adic sign class consists per definitionem of three sub-signs:
SC1(4,3) = (3.211,1,1{ Z.bi,j,k 1.Ci,j,1<)
However, this means that we can permute first the sign class as such:

(B.aijx 2.bijx 1.cijx)
(3.aijx 1.cjx 2.bjx)
(2.bjx 3.ak 1.cijx)
(2.bjx l.cjk 3.a4x)

(L.cijk 3.k 2.bjx)
(l.cjx 2.bijx 3.a;),

and second for also the contextures, and this for all three sub-signs. Therefore, we
get exactly 126 permutations of (combinations of) sign classes and contextures per
sign class (cf. Toth 2009). The combined permutations look for the first permutation,
i.e. the sign class in “degenerative-retrosemiosic order’

(3.aijk Z.bijk 1.Cijk)
(3.aijk 2.bijk 1.ciy)
(3.aijk Z.bijk 1-Cjik)
(3.aijk Z.bijk 1-Cjki)
(3.aijk 2.bijk 1.cii)
(3.aijk Z.bijk 1.ij1)

(3.aijk 2.bji 1.¢j0)
(3.aijk Z-bjki 1.Ckij)
(3.aijk 2.byi 1.cuji)
(3.aikj Z.bijk 1.Cijk)
(3.aikj Z.bijk 1.Cikj)
(3.aiy 2.bijk 1.cj)
(3.aikj Z.bijk 1-Cjki)
(3.1 2.bijk 1.cii)
(3.aiy 2.bijk 1.cuji)

(3.aiy 2.bji 1.cji)
(3.aikj Z-bjki 1.Ckij)
(3.aikj Z-bjki 1.ij1)

(3.5 2.bijk 1.cij)
(3.aji 2.bijk 1.ciy)
(3.aji 2.bijk 1.cj)
(3.2 2.bik 1.cjk)
(3.ajik 2.bijk 1.cii)

(3.aijk 2.big 1.cix)
(3.aijk Z.bikj 1.C;ik)
(3.aijk Z.bikj 1.C;ki)
(3.aijk 2.big 1.cui)
(3.aijk Z.bikj 1.C1<ji)

(3.aijk Z.bkij 1.C1<ij)
(3.aijk 2.bij 1.ci)

(3.aiki Z.bikj 1.Cikj)
(3.2 2.big 1.cjik)
(3.aiki Z.bikj 1.C;ki)
(3.2 2.big 1.cui)
(3.2 2.big 1.ci)

(3.aiki Z.bkij 1.C1<ij)
(3.aiki Z.bkij 1.C1<ji)

(3.ajik 2.big 1.cix)
(3.aji 2.biyg 1.¢jik)
(3.aji 2.bij 1.cji)
(3.ajik 2.big 1.cui)

(3.aijk Z.bjik 1-Cjik)
(3.aijk Z.bjik 1-Cjki)
(3.aijk 2.bjik 1.cii)
(3.aijk Z.bjik 1.ij1)

(B.aijk 2.byi 1.cuji)

(3.aiy 2.bjik 1.cjx)
(3.aikj Z.bjik 1-Cjki)
(3.ai 2.bjik 1.cii)
(3.aiy 2.bjik 1.cuji)

(3.aikj Z-bkji 1.ij1)

(3.aji 2.bjik 1.cj)
(3.2 2.bji 1.cjk)
(3.ajik 2.bjik 1.cii)
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(3.aji 2.bijk 1.cuji)

(3.5 2.bji 1.cjki)
(3.ajik 2.bji 1.cii)
(3.2 2.bjii 1.cuj)

(3.aji 2.bijk 1.cijx)
(3.2 2.bik 1.ciy)
(3.aji 2.bijk 1.cj)
(3.2 2.bijk 1.cjki)
(3.2 2.bik 1.cu)
(3.aji 2.bijk 1.cuji)

(3.2 2.bji 1.cjki)
(3.ajki 2.bji 1.cii)
(3.2 2.bji 1.ci)

(3.awi 2.bijk 1.cijx)
(3.ax 2.bik 1.cik)
(3.awi 2.bijk 1.cj)
(3.aij 2.bijk 1.cjki)
(3.ax 2.bik 1.cu)
(3.awi 2.bijk 1.cuj)

(3.awij 2.bji 1.¢ji)
(3.auj 2.bji 1.cii)
(3.auij 2.bji 1.ci)
(3.axji 2.bijk 1.cijx)
(3.axi 2.bik 1.ciy)
(3.ax 2.bik 1.cj)
(3.axji 2.bijk 1.cjki)
(3.ax 2.bik 1.cu)
(3.axji 2.bijk 1.cui)

(3.aii 2.bji 1.cjki)
(3.aii 2.bji 1.cii)
(3.aii 2.bji 1.ci)

(3.aji 2.big 1.ci)

(3.aji 2.bij 1.cui)
(3.aji 2.buij 1.ci)

(3.2 2.big 1.ci)
(3.5 2.big 1.cjik)
(3.5 2.big 1.cjn)
(3.2 2.big 1.cu)
(3.5 2.big 1.ci)

(3.5 2.bj 1.ciij)
(3.2 2.biij 1.ci)

(3.ax 2. blk] 1.ci)
(3.akj 2.bi 1.cjik)
(3.ax 2. blk] 1.cj)
(3.aij 2.bi 1.cui)
(3.aj 2.big 1.ci)

(3.aj 2.bij 1.cui)
(3.aij 2.biij 1.ci)

(3 akji 2. blk] 1.Cikj)
(3. 2. bﬂq 1.cji)
(3.ax 2. 1.cjw)
(o 2.bug 1.c)
(3.ai 2.big 1.ci)

(3.ai 2.bij 1.cui)
(3.ai 2.biij 1.ci)

(3.aji 2.bjik 1.cuji)

(3.2 2.buji 1.cuj)

(3.aji 2.bjik 1.cj)
(3.2 2.bjik 1.¢ji)
(3.2 2.bji 1.cu)
(3.aji 2.bjik 1.cuji)

(3.2 2.bii 1.ci)

(3.awi 2.bjik 1.cj)
(3.aij 2.bjik 1.cjki)
(3.ax 2.bji 1.cu)
(3.awi 2.bjik 1.cuji)

(3.aij 2.bii 1.ci)

(3.ax 2.bji 1.cjw)
(3.axji 2.bjik 1.¢jki)
(3.ax 2.bji 1.cu)
(3.axji 2.bjik 1.cuji)

(3.aii 2.bii 1.ci)

Thus, we get for all 6 permutations 6 - 126 = 756 sign classes, and for all 10 sign
classes therefore 7°560 sign classes. However, we must not forget the structural

potential that lies in our three above operators, X, R, and Y, so that at the end we
have a semiotic system of no less than 22’680 sign classes.
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4. But that is not all. In Toth (2008), based on Stiebing (1978), I had introduced 3-
dimensional sign classes into semiotics. Monocontextural 3-dimensional sign classes
have the following form

3-SCl = ((a.b.c) (d.e.f) (g.h.)),
or, if we use Peirce’s “normal form”

3-SCl = ((2.3.b) (c.2.d) (e.1.9),

whereby one sees that (a, c, €) are the so-called “dimensional numbers”. Because of
the triadic form of each sub-sign, the geometrical model of 3-SCl is a cube, but we
can still make it higher by adding more levels. Since, for the embedded

2-SCI = ((3.bijr) 2.dijw) (1.£5x)),

we got 22’680 sign classes, and since there are n-levels, we do not only get
31-22°680 = 136’080, but

n! - 22°680 different sign classes (a, ¢, e € {1,2,3, ..., n}

for sign classes constructed from 3-adic instead of 2-adic sub-signs.

5. However, the results obtained in this little contribution have enormous
consequences for Diamond theory itself, because theoretically, we can surpass 3-adic
sign classes and introduce 4-adic, 5-adic, 6-adic ..., -adic?) sign classes, the structural
complexity of which grows astronomically because of the permutations, especially, if
we also proceed to more than 4 contextures. Finally, we also can construct semiotic
hypercubes and other nice high-dimensional polytopes that are not anymore based
on cubic 3-sign classes, which are just made higher by adding more storeys, but by
adding more dimensions. Since there are no formal restrictions concerning the order
of dimensional numbers amongst themselves as well as in connection with prime-
sign-numbers, already for a 4-dimensional (f.ex. tesseractic) signh model we have

4-SC1 = ((a.b.3.c) (d.e.2.0) (z:h.1.0),
4-SC1 = ((b.a.3.0) (e.d.2.) (h.g.1.i)

(plus combinations)
4-SCl = ((3.a.b.c) (2.d.e.f) (1.g.h.i)
4-SCl = ((3.a.c.d) (2.d.f.e) (1.g.i.h)
(plus combinations)

If it is made clear, for which dimensions the variables of the dimensional numbers
stand, we can also “scramble” them. Moreover, from the above constructions it
results that a sign class can at the same time lie in more than 1 and maximally in 4
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dimensions (if it is tesserarctic) as well as in several contextures (both qua sub-signs).
That from here we have exciting connections to a quaternionic semiotics, I have
already shown in a series of papers. Summa summarum, the incredibly huge amount
of structural growth by introduction of contextures, permutations and dimensions in
semiotics is hard to foresee.

However, to come back to Diamond theory, Kaehr has made clear that a diamond
cannot deal with more than a pair of morphism and heteromorphism, the categorial/
saltatorial equivalents for logical proposition and rejection. However, as we have
shown already in chapter 1 of this paper, already in a 4-contextural semiotics, we
have 4 mediative morphisms between morphisms and heteromorphisms. Therefore,
the diamond model has to be substituted by another polygon. (And in high-
dimensional semiotics even by a polytope?) Am I right that therefore, Leinster’s n-
category theory could give a model for a n-category/saltatory diamond theory (at
least what concerns the semiotic dimensional numbers? And then: What about the
set theoretic, arithmetic, logical and also topological consequences for the mediative
morphisms of the original Diamond theory? However it will be, it seems to me that
for once there may be an enormous input from semiotics for the future of
“graphematics” (as Kaehr says), while up to now, semiotics has only profited from
polycontexturals sciences, but never contributed to them.
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3-contextural 3-adic semiotic systems

1. The following 3-contextural-3-adic semiotic matrix, suggested by Kaehr (2008)

(114 1.2 1.35 )
2.14 2.212 2.3
30 3.2, 3.325

is not the only 3-contextural 3-adic semiotic matrix. Based on Gunther (1979, pp.
231 ss.), we shall state two basic rules for the design of semiotic matrices:

1. The first element of the first row and column, A(1,1) = 1.
2. The matrix must contain at least once the three fundamental categories (1, 2, 3)
making up a 3-adic matrix.

However, rule 2 allows a big number of matrices which consist mainly out of 1’s or
2’s or 3’s and thus reduce the changes that a sub-signs appear in more than
contexture, massively. Therefore, it seems to be appropriate if we restrict the above
two rules by the following additional rule:

3. The 1. row of a 3-contextural 3-adic semiotic matrix contain only permutations of
{1,3};
The 2. row of a 3-contextural 3-adic semiotic matrix contain only permutations of
{1,2};
The 3. row of a 3-contextural 3-adic semiotic matrix contain only permutations of

2,31,

Since the elements A(x,x) ori =y, i.e. the elements of the main diagonal are the only
elements in a 3-contextural matrix that lie in 3 contextures, we get the following
possibilities for the 1. row of a 3-contextural 3-adic semiotic matrix:

ALY = {(12), (13), 23)}
A(1,2) = A(1,3) = {1, 2, 3}
Then, we have for the 2. and 3. row:
AR2,)1) = A22,3) = {1, 2, 3}
A(Z,Z) - {(1>2)> (1’3)> (2>3>}

ABD) = AB2) = {1,2,3}
AG3) = {(1,2), (1,3), 2,3)}
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2. We will now have a look at the 48 different 3-contextural 3-adic matrices.

12 1 2 12 1 2

1 13 3 1 @23 3

2 3 2,3) 2 3 (1,3)
1

13 1 2 13 1 2

1 12 3 1 @23 3

2 3 2,3) 2 3 (1,2)
3

23 1 2 23 1 2

1 13 3 1 12 3

2 3 (1,2) 2 3 (1,3)
5

12 2 1 12 2 1

2 (1,3) 3 2 (23) 3

1 3 2,3) 1 3 (1,3)
7
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13 2 1 13 2 1

2 (12 3 2 (23) 3

1 3 2,3) 1 3 (1,2)
9 10

23 2 1 23 2 1

2 (1,3) 3 2 (12 3

1 3 (1,2) 1 3 (1,3)
11 12

12 1 3 12 1 3

1 a3 2 1 @23 2

3002 2,3) 3002 (1,3)
13 14

13 1 3 13 1 3

1 12 2 1 @3 2

3002 2,3) 3002 (1,3)
15 16
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23 1 3 23 1 3

1 13 2 1 12 2

302 (1,2) 302 (1,3)
17 18

12 3 1 12 3 1

30 (1,3) 2 3023 2

1 2 2,3) 1 2 (1,3)
19 20

13 3 1 13 3 1

30 (12 2 3023 2

1 2 2,3) 1 2 (1,3)
21 22

23 3 1 23 3 1

30 (1,3 2 3 (1,2 2

1 2 (1,2) 1 2 (1,3)
23 24
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12 1 2 12 1 2

1 a3 3 1 23 3

2 3 2,3) 2 3 (1,3)
25 26

13 1 2 13 1 2

1 12 3 1 @23 3

2 3 2,3) 2 3 (1,3)
27 28

23 1 2 23 1 2

1 13 3 1 12 3

2 3 (1,2) 2 3 (1,3)
2 3

12 2 1 12 2 1

2 (1,3) 3 2 (23) 3

1 3 2,3) 1 3 (1,3)
31 32
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13 2 1 13 2 1

2 (12 3 2 (23) 3

1 3 2,3) 1 3 (1,3)
33 34

23 2 1 23 2 1

2 (12 3 2 (13) 3

1 3 (1,3) 1 3 (1,2)
35 36

12 1 3 12 1 3

1 a3 2 1 @23 2

3002 2,3) 3002 (1,3)
37 38

13 1 3 13 1 3

1 12 2 1 @3 2

3002 2,3) 3002 (1,3)
39 40
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23 1 3 23 1 3

1 13 2 1 12 2

302 (1,2) 302 (1,3)
41 42

12 3 1 12 3 1

30 (1,3) 2 3023 2

1 2 2,3) 1 2 (1,3)
43 44

13 3 1 13 3 1

30 (12 2 3023 2

1 2 2,3) 1 2 (1,3)
45 46

23 3 1 23 3 1

30 (1,3 2 3 (1,2 2

1 2 (1,2) 1 2 (1,3)
47 48

3. Finally, we come to the actual 3-contextural 3-adic semiotic systems. They are
based on the 48 3x3 3-contextural matrices, but it is not enough anymore to note
them in the form of semiotic dual systems consisting of sign class plus dual reality
thematic. First, polycontextural sign classes are not dual, but complementary, since
not only the sub-signs, but also their indices are converted. And, generally, as has
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been pointed out in earlier works, we have now to distinguish between 4 and not
only 2 “standard semiotic forms” whose union we call in this article “semiotic

system’”:
1. (a.b)ij 3. (b.a)ij
2. (ab);i 4 (ba);

Therefore, monocontextural dualization appear in two forms (nos. 3 and 4), but non-
dualized forms do, too (nos. 1 and 2), and we better rename/name the 4 semiotic

operations:

1. Nm(a.b);; = (a.b)ij (morphismic normal form)

2. Nh(a.b)ij = (a.b);;i (heteromorphismic normal form)
3. R(a.b)i; = (b.a);; (reflection)
4. D(a.b)ij = (b.a)j; (dualization)

(In n-contextural semiotic systems with n > 3, “mediative morphismic normal

forms” appear; cf. Toth 2009.)

On the following pages, I will now present not all 48 3-contextural semiotic systems
in their 4 standard semiotic forms.

3.1. 3-contextural semiotic system 1/48

Nm

(3.1 2.11 1.112)
(3.152.11 1.2
(3.122.11 1.35)
(3.12 2215 1.2))
(3.152.215 1.3))
(3.122.35 1.3))
(3.25 2215 1.2)
(3.25 2215 1.3)
(3.2 2.35 1.3)
(3.325 2.33 1.3)

Nh

(3.122.11 1.121)
(3.152.11 1.24)
(3.122.11 1.35)
(3.12 2251 1.2)
(3.122.251 1.35)
(3.122.35 1.3)
(3.25 2251 1.2)
(3.25 2251 1.35)
(3.252.35 1.35)
(3.352 2.35 1.3)

R

(1.112 2.11 3.1)
(1.212.11 3.13)
(1.322.11 3.13)
(1.21 2.215 3.1)
(1.322.215 3.12)
(1.322.35 3.15)
(1.21 2.215 3.23)
(1.322.215 3.23)
(1.322.35 3.25)
(1.322.35 3.325)

3.2. 3-contextural semiotic system 2/48

Nm

(3.122.15 1.11))
(3.122.11 1.2))
(3.12 2.1 1.35)

Nh

(3.122.11 1.12))
(3.1 2.1; 1.2))
(3.122.11 1.3))

R

(1.112 2.1, 3.1»)
(1.21 2.11 3.12)
(1.322.11 3.1»)

D

(1.121 1.21 1.3)
(2.11 1.21 1.35)
(3.121.21 1.32)
2,11 2.251 1.32)
(3.122.251 1.32)
(3.123.25 1.32)
(2.11 2.251 2.35)
(3.122.251 2.35)
(3.123.25 2.35)
(3.123.25 3.352)

D

(1121 1.21 1.35)
2.11 1.2, 1.3))
(3.12 1.2, 1.3))
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(3.12 2225 1.24)
(3.152.255 1.3))
(3.1, 2.3 1.3)

(3.25 2225 1.21)
(3.25 2.255 1.3))
(3.2 2.35 1.3)

(3.315 2.35 1.35)

(3.122.25, 1.2))
(3.12 225, 1.35)
(3.122.35 1.35)

(3.25 2255 1.2)
(3.25 2255 1.3)
(3.252.35 1.35)

(3.351 2.35 1.3)

(1.21 2.255 3.12)
(1.322.255 3.12)
(1.322.35 3.13)

(1.21 2.223 3.23)
(1.322.223 3.23)
(1.322.35 3.25)

(1.322.35 3.313)

3.3. 3-contextural semiotic system 3/48

Nm

(312211 1.115)
(3.122.11 1.2,)
(3.122.11 1.3))
(3.122.21,1.2)
(3.122.215 1.35)
(3.122.33 1.3))
(3.252.21,1.2)
(3.252.215 1.35)
(3.25 2,33 1.3))
(3.323 2.35 1.35)

Nh

(3.122.11 1.159)
(3.122.11 1.2)
(3.122.11 1.3))
(3.122.2,1 1.2)
(3.122.251 1.35)
(3.122.35 1.35)
(3.252.2,1 1.2)
(3.25 2.2, 1.35)
(3.252.35 1.3)
(3.352 2,33 1.35)

R

(1.1152.11 3.12)
(1.21 2.1, 3.12)
(1.322.11 3.12)
(1.212.212 3.12)
(1.322.212 3.12)
(1.322.35 3.12)
(1.21 2.212 3.23)
(1.322.212 3.25)
(1.32 2.35 3.25)
(1.322.35 3.323)

3.4. 3-contextural semiotic system 4/48

Nm

(.15 2.1 1.115)
(3.1 2.11 1.2)
(3.1, 2.11 1.3)
(3.12 2.2231.21)
(3.152.255 1.3,)
(3.1, 2.35 1.3
(3.25 2225 1.21)
(3.25 2225 1.3)
(3.252.35 1.3)
(3.3122.35 1.35)

Nh

(3.122.11 1.151)
(3.122.11 1.2)
(3.122.11 1.35)
(3.122.25,1.2))
(3.122.25, 1.35)
(3.122.35 1.35)
(3.252.25, 1.2)
(3.25 225, 1.3)
(3.252.35 1.3)
(3.321 2.33 1.35)

R

(1.115 2.1, 3.1»)
(1.21 2.11 3.12)
(1.322.11 3.12)
(1.21 2.255 3.12)
(1.322.25 3.12)
(1.322.35 3.12)
(1.21 2255 3.25)
(1.322.225 3.25)
(1.322.35 3.25)
(1.322.35 3.312)

3.5. 3-contextural semiotic system 5/48

Nm

(3.122.11 1.125)
(3.122.111.2))

Nh

(3.122.11 1.15))
(3.122.11 1.2)

R

(1125 2.11 3.15)
(1.21 2,11 3.15)

(2.11 2.252 1.3)
(3.122.252 1.3)
(3.13.251.3)

(2.11 2.252 2.33)
(3.12 2.2, 2.3)
(3.123.25 2.35)

(3.123.23 3.331)

D

(1151 1.21 1.35)
211 1.21 1.3))
(3.121.21 1.3))
(2.11 2212 1.3)
(3.12 2212 1.35)
(3.123.25 1.3)
(2.11 2212 2.35)
(3.12 2212 2.35)
(3.123.25 2.35)
(3.123.25 3.35))

D

(1151 1.21 1.35)
2.11 1.2 1.35)
(3.121.21 1.35)
(2.11 2252 1.35)
(3.122.25, 1.35)
(3.12 3.2 1.3))
(2.11 2252 2.33)
(3.12 2.23, 2.35)
(3.123.2; 2.35)
(3.12 325 3.321)

D

(1.152 1.2/ 1.35)
(3.11 1.21 1.35)
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(3.122.11 1.3))
(3.122.2151.2)
(3.122.215 1.35)
(3.122.35 1.35)
(3.252.2151.2)
(3.252.215 1.35)
(3.25 2,33 1.3))
(3.312 2.33 1.3)

(3.122.11 1.3))
(3.122.231 1.2)
(3.122.231 1.35)
(3.122.35 1.35)
(3.252.231 1.2)
(3.252.231 1.35)
(325 2.35 1.32)
(3.321 2,35 1.35)

(1.322.11 3.1»)
(1.21 2.215 3.12)
(1.322.215 3.12)
(1.322.